TRAC NGHIEM TiCH PHAN
GVBM : POAN NGOC DUNG

I. DINH NGHIA
Gia s f(x) 12 mot ham s& lién tuc trén mot khodng K, a va b 13 hai phin tif bat ky ciia K, F(x) 1a mot
nguyén ham cda f(x) trén K. Hiéu s6 F(b) — F(a) dudc goi 12 tich phin tir a d&€n b clia f(x) va dudc ky hiéu

b b
la [f(x)dx. Vay theo dinh nghta, ta c6 : | [f(x)dx = F(x)|, = F(b)~F(a) | (cong thitc Newton-Leibniz)

« Diu | 14 ddu tich phan.

« Biéu thitc f(x)dx 12 bi€u thirc dudi dau tich phan, f(x) 12 hAm s& dudi ddu tich phan.

o f(x)dx 1a vi phan cia moi nguyén ham cda f(x).

eava b goila cdc cin clia tich phin (a 1a cin dudi, b 1a cin trén), x goi 1a bi€n s6 14y tich phan.
*"Chiy:

¢ Gia thi€t ham s6 f(x) lién tuc trén K ddm bdo ring né c6 nguyén ham trén K.
1

Do d6 cdng thitc (1) s& vo nghia n€u f(x) khong lién tuc trén [a ; b]. Vi du: Jidx 1a khong tinh dugc.
X
-1

b
Vi vay, khi tinh tich phin If(x)dx , it cAn ki€m tra tinh lién tuc cia him s& f(x) dudi ddu tich phin, vi
a

theo dinh nghia ta chi xét tich phan cdc ham s& lién tuc.

e Viéc goi a 1a can du6i, b 1a cin trén clia tich phan khong c6 nghia 1a phdi c6 a < b. Tuy nhién néu a <b
thi doan [a ; b] cOn goi 1a doan 14y tich phan.

e Tich phan (1) chi phu thudc vao ham s6 f(x) va cdc cin cda tich phan ma khong phu thudc vao ky hiéu

b b b
bi€n s tich phan. N6i cach khdc, cdc tich phan: [f(x)dx, [f(t)dt, [f(u)du, ..1a nhu nhau.
e Cong thic (1) cling cho cach tinh tich phan theo 2 budc:

* BuSc 1 : Tinh nguyén ham F(x) ctia ham s& f(x) trén doan [a ; b].
» Budc 2 : Thé cdc can vao rdi tinh hiéu F(b) — F(a).

Il. Y NGHIA HINH HOC CUA TiCH PHAN

b
Né&u ham s6 y = f(x) lién tuc va khong Am trén doan [a ; b] thi tich phan If(x)dx la

dién tich cla hinh thang cong gidi han bdi do thi ctia ham s6 y = f(x), truc Ox va hai
dudng thingx=ava x=b.

Ill. CAC TiNH CHAT
Gia str cdc ham s6 f(x), g(x) lién tuc trén K va a, b, ¢ 1a ba s6 bat ky thudc K. Khi d6 ta cé:
(Trén diy ta gid thi€t riing cdc tich phan déu ton tai)

a a b
1 [f(x)dx =0 2) [F(x)dx = [f(x)dx
a b a
3) [KFOQdx =k[f(x)dx  (k € R) 4) [IF () £ 900ldx = [f(x)dx + [ g(x)dx
5) jf (x)dx = j f(x)dx + jf(x)dx 6) f(x) > 0 trén doan [a ; b] = j f(x)dx >0

b b
7) f(x) 2 g(x) trén doan [a ; b] thi: [f(x)dx > [g(x)dx
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b
8) m < f(x) <M trén doan [a ; b] thi: m(b — a) < jf(x)dx < M(b-a)

t
9) Né&u t bi€n thién trén doan [a ; b] thi: G(t) = If(x)dx 12 mot nguyén ham clia ham s6 f(t) va G(a) = 0.

s »

"Chuyl:

Né&u f(x) 12 ham lién tuc trén [-a ; a] va vdia > 0 thi:

" j.f (xX)dx = 2'(|).f (x)dx khi f(x) chin trén [-a;a]

0 khi f(x) 1é trén [—a;a]

Nhé riing : Dau hiéu d€ nhan biét tich phan ctia him s chin hay 18 13 cin dudi va cin trén d6i nhau, hay

c6 can bing 0 va so f(—x) véi f(x).
»Chuy2:

/2

nl2

a) N&u f(x) 12 ham lién tuc trén [0 ; 1] thi: j f(sinx)dx = jf(cos x)dx
0 0

nl/2 /2

Thi du : Isin3xdx - jcossxdx :g
0

0
b) Khi lam bai tap phii nhé: ( [f(x)dx ) = f(x).

Nguyén ham cdc ham so so cdp thuong gdp

Mt s6 cong thiic nguyén ham mé rong

l)dex:c
2) j1dx=x+c
3) jwdx Infax? +bx +¢|+C (a % 0)
ax“ +bx+c
n+1 Y
@IXHdX=X +C (n#-1;n e R) 4%) J.(aX+b)”dx=1-(aX+b) +C
n+1 a n+1

QI%:]MXHC

= 1In|ax+b|+C (a#0)

dx

6).[7— *)J' (n 1)n1+C(x¢0)

7 jd—x=2&+0(x¢0) =—\/ax+b+C(a¢0)
Jx a

&jcosx.dx =sinXx+C

8*) j cos(ax + b)dx = isin(ax +b)+C (a#0)

gljsin X.0x =—cosx+C

9%) [sin(ax + b)ax :-%cos(ax +b)+C (a£0)

1

10) jexdx =e"+C 10%) J'eax+bd _E R e

mjo&dx=%+c O<oa=l) 11%) ja“*bdx=§-°‘ax:+c O<azl)
m-[cos X_I(l+tan2x)dx:tanx+c 12%) I%zitan(axmhc
Q)Ism X—j(1+cot2x)dx:—cotx+c 13%) Iﬁ:—icot(ax+b)+c
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PHUONG PHAP TINH TiCH PHAN
GVBM :POAN NGOC DUNG

. PHUONG PHAP PHAN TiCH

b
Tinh tich phédn theo cong thiic : I f(x)dx = F(X)|: =F(b)—F(a) (cong thitc Newton-Leibniz)

b
D€ tinh jf (x)dx ta phin tich f(x) du6i dau tich phan theo mdt tong nhitng ham s6 rdi 4p dung nhitng cong

thitc tich phan cin bdn. Can chi ¥ cdc tinh chd't sau :

1) if(x)dx =0 2) if(x)dx =— _Tf(x)dx
3) jlkf (x)dx = kjb.f(x)dx (k eR) 4) jl[f (X) £ g(x)]dx = if(x)dx + jlg(x)dx

e Tich phan chi phu thudc vao ham s& f(x) va cdc cin clia tich phdn ma khong phu thudc vao ky hiéu bién

b b b
s& tich phan. N6i cdch khéc, cdc tich phan : j f(x)dx, j f(t)dt, j f(u)du, ... 1a nhu nhau.

Il. TiCH PHAN HAM CHUA GIA TRI TUYET POI

b
Muén tinh : I = _H f(x) |dX , ta thuc hién cdc budc sau :
a

Budc 1 : Xét ddu ham f(x) trén doan [a ; b] d€ loai bd d4u gid tri tuyét di.

b c b
Budc 2 : Ap dung cong thic : I = ﬂf(x) |dx = J.|f(x) |dX+I|f(X) |dx (v6ic € [a; b))

a

ll. TiICH PHAN HAM CUC TRI

Trén doan [a ; b]. néu :

o f(x) — g(x) 2 0 thi Max[f(x) , g(x)] = f(x) ; min[f(x) , g(x)] = g(x)

o f(x) — g(x) <0 thi Max[f(x) , g(x)] = g(x) ; min[f(x) , g(x)] = f(x)

IV. PHUONG PHAP LUGNG GIAC HOA

Né&u ham s& dudi dau tich phan c6 chifa cdc cin thic dang JaZ—x?, Ja?+x%, Jx? —a? , thi néu khong
c6 cach bi€n d6i nao khéc thi nén ddi sang cdc ham s lugng gidc d€ lam mat cin thic.

Dang Cdch dat Diéu kié¢n ciia t
a? —x? X = a.sint te {—g,g}
a’ +x? X = a.tgt te (—g,g)
x2 — a2 Xzﬁ te[O;n]\{g}

s »

"Chuy:

a)Néu:-a<x<a(a>0)thiditx=asint | —=<t< g) (hodc x = acost)

b) N&u : 0 <x <a(a>0) thi dit x = asin’t (oas

” a+X « ao
¢) Néu 1/— thi diat x = a.cost
a—X
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V. PHUONG PHAP POl BIEN SO

Taco:1= if[u(x)].u'(x)dx

Budc 1 : Bat t = u(x) va tinh vi phan dt = v’ (x)dx.
Budc 2 : P&i can tich phan : X a | b

t|0cB

» Chii y : Biéu kién u(x) c6 dao ham lién tuc trén doan [a ; b].

b B
Budc 3 : Bi€n ddi | = j flu(x)].u' (x)dx = j f(t)dt

Budc 4 : Tinh | = Tf(t)dt = F(t)" = F(p)-F(c)

VI. PHUGNG PHAP TUNG PHAN

b b
Céng thiic tinh tich phédn titng phén: Iudv :uv|: - J.Vdu
a a

) sin X
elogil:1= Ip(x). cos x |dx
a eX

Budc 1 : Batu =p(x) va tinh vi phan du = p’(x)dx.

sin X —COS X
dv=|cosx|vatinhv=| sinx
e* e

—COS X ° bl ~ COS X
Budc 2 : Ap dung cong thic tich phan tirng phin, ta cé : I=p(x) | sinx —j sinx |.p'(x)dx (1)

X X

e e
bl — COS X
Budc 3 : Tinh [| sinx |p'(x)dx. Thay két qué tim dudc vao (1) ta duge I.
a eX

b
e Logi 2 : T= [p(x).Inxdx

Budc 1 : Batu =Inx va tinh vi phin du = d_X
X

dv=p(x) va tinh v = jp(x)dx =P(x)

b
Bué6c 2 : Ap dung cdng thiic tich phan tirng phan, ta c6 : I =P(x). In x|b - Imdx (1)
@ X

a

b
P(x .
Budc 3 : Tinh | PO g Thay k&t qua tim duge vao (1) ta dugc 1.
" X

e[ sin x
elogi3:1= J{COS }exdx
X

a

sin x
.. U=
bat COS X

dv = e*dx
e Loai 4 : Loai dic biét.
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VII. TIiCH PHAN HAM HUU Ti
1) Mot 56 cong thiic :

) [ dx =1|n|ax+b|+c (a#0)

(ax? +bx+c
b)j @ +bx+c) g,
ax® +bx+c
2) Cdc dang tong qudt :
0O Dang 1 : I=J.2;dx (a #0)
ax“+bx+c
Xét A = b* — 4ac clia phuong trinh ax” + bx +c =0 (a #0)

|n\ax2+bx+c\+c (a=0)

2
1)NéhA=0,thi:ax2+bx+c:a(x+£] nénlzlj dx 2:1- -1 +C
2a a [ bj a ,, b
X+ —

2) Néu A> 0, thi : ax’+bx +c = a(x — X)X — X3) (V61 X1 < X2)

1 1 1 1
e Cdch 1 : Phan tich thanh phan thic: = -
a(X_XZ)(X_Xl) a(X 1) X=X, X=X

e Cdch 2 : St dung dong nhat thic.
e Cdach 3 : CASIO:

Phan tich thanh dang: 2mx+n - mxen A_B
X" +bx+c (x—-a)x—-b) x—a x-b
N PPN . ‘A 4 X ) N Nz mx+n
Ta muon tim hé s nao, ta x6a nghi€ém dudi mau cua thura s6 dé trong ——
(x—a)(x—Db)
va bAm CALC diing nghiém du6i miu clia né.
? +
b€ tim A. Ta nhép r(nx bl)l va CALC x = a s€ tim dugc A.
X —
0 +
P& tim B. Ta nhap I(nx ‘)l va CALC x = b s& tim dudgc B.
X—a
1 3 1 A B

Ta co:

= = +
x2—4x+3 (x-3)(x-1) x-3 x-1

Pé tim A. Ta nhip

va CALC x = 3 s€ tim dugc A=%.

(x—
Pé€ tim B. Ta nhip — va CALC x =1 s& tim dugc B=——
X_
Do d6 : ! = ! :l 1 - I
x> —4x+3 (x=-3)x-1) 2{(x-3 x-1
* Chu y : Ta chd y thém cong thifc : I de 5 =i|nx_a +C
X°—a®~ 2a |Xx+a
Ta c6: ! = 1 = !
x*—4x+3 (x> —4x+4)-1 (x—2)2—12
‘ td N R R TA PR AN
Do dé: I:j 5 —X2 =I= In S P Rid [ [ PG Pl PR Pl
) x%— xe3l ) (x—2) -1’ 51 \x—2+1H4 2 |x-1f, 202 3
1
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2 2 2
3) New A<, thi: ax’+bx+c—a (x+£j A, (HEJ L eA
2a da 2a da

bit: NP /ﬁtant = dx= /_—A(tan2t+1)dt.Ta tinh duoc L.
2a 4a 4a

dx +e

U Dang2: I:IZ—dX (a=0)
ax‘ +bx+c
B B B
Phuiong phdp : Ta bién ddi: |=jf'x—+edx=i 2D g [e DD jzd—x
Jax” +bx+c 2a° ax“ +bx+c 2a )] ax® +bx+c
B 2 1
e Tich phan Ilz.[?ax—-’_bdx c6 dang : deX:m‘axz+bx+c‘+C (a=0)
Jax“ +bx+c ax“+bx+c
e Tich phan | —Td—x ¢6 dang 1 ma ta da bt
P 2 Jax?+bx+c e '

» Ghi chii : N&u ax” + bx + ¢ = 0 ¢6 hai nghiém, ta c6 thé tinh I bing phuong phdp ddng nhat.
- (PX)

U Dang3: | J'Q(X) dx

Phuong phdp :

a) N&u bdc ctia P(x) lén hon hodc béng bdc ciia Q(x) thi ta phai chia P(x) cho Q(x).

b) N&u bdc ciia P(x) nhé hon béc ciia Q(x) thi ta ding ddng nha't thitc d€ phan tich thanh cdc tong.

Cdc truong hop co thé xdy ra :

P(x) _ P(x) A B C

e THI : MAu sd c6 nghiém don: = = n n
Q(x) (x—a)(x-b)(x-c) x—a x-b x-c
e TH2 : Miu 6 ¢6 nghiém don va vo nghiém : -0 — P(x) - A, BxiC
Q(x) (x—-a)(@x“+bx+c) x—oa ax“+bx+c
P(x) P(x) A B C D E

e TH3 : Miu s8 ¢6 nghiém boi: = 3 - = 4 ~+ n —+
Q) (x—a)'(x=b)" (x—-a)" (x—-a)" (x—a) (x—b)" (x—h)

®» Chii y : Nhiéu khi trong mot s6 trudng hop dic biét, qua mot phép bi€n d6i ndo dé ta c6 thé dua mot hitu
ti vé dang don gidn.

X
a) Tich phdan dgng: | —————dX
) Tiehp e -[ax4+bx2+c
2
b) Tich phén dqng:j i (a # b): S dung ddng nha't thic : (x*a)=(x+b) " _,
(x +a)?(x +b)? a-b

¢) Tich phdn dang: J.

dx
J(x+a)(x+b)
_VGix+a>0vax+b>0,ditt=+/X+a+/X+b

_Véix+a<0vax+b<0,ditt=v/—x—a++/—X—b
dx

(ax +B)vax® +bx +c .

d) Tich phan co dang: I

1
Budc 1 : bat t=
oX+f3
Budc 2 : Bai todn dugc chuyén vé: 1= J‘L
at® +Bt+y

(Ax + B)dx

(ax +B)"Vax? +bx +c

*» Chii ¥ : Phuong phdp trén c6 thé dugc 4p dung cho dang tdng quat hon 1a: I
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VIII. TiCH PHAN LIEN KET

b b
Do6i khi, thay vi tinh tryc ti€p tich phan I = If (X)dx ta c6 thé lién k&t v6i mot tich phan J = jg(x)dx .

Roi tinh tong I + J va hiéu 1 - J.
I+J=M
Giai hé phuong trinh : I—1=N ta tim dugc [, J.

Nho lién két nhu vay viéc tinh todn tich phin tré nén don gidn hon.
IX. MOT S6 DANG KHAC

1) Néu f(x) lien tuc va la ham 1é trén doan [-a ; a] vdi a > 0 thi: I = If(x)dx =0
2) Tich phdn ham sé mii va logarit:
Pé tinh Ixm F(X)dx . V6i f(x) 12 ham mii hay logarit thi thudng st dung phudng phép tich phan tirng phan.

X

» Mjt s6 cong thiic : a) Iexdx =e*+C ;b) Iaxdx _a +C
Ina

. . In x

_ Khi f(x) = log,x thi vi€t log,x = I_
na

. m ~ u = Ioga X p BN ~ ~ 2

_ Khi f(x) = x".log,x thi dit g ng (titc 1a dat sao cho s6 mil cua x ting)
v =X"dx

3) Dua vao viéc xem xét cdn ciia tich phdan va tinh chét ciia ham sé duéi ddu tich phén ta cé thé lua chon

b
phép diit dn phu. Théong thuong: 1 = .[X'f (X)dx c6 thé ditx=a+b—t. Ngodira :
a

a nl2

a) V6il = _[f(x)dx c6 thé dit x = —t. b) Vil = jf(x)dx c6 thé ditx = g_t_
b 0
n 2n

©) Vi I = [f(x)dx c6 thé datx=m—t. d) VoiT= [F(x)dx c6 thé datx =2m—t.
0 0

DIEN TiCH HINH PHANG - THE TiCH KHOI TRON XOAY

O VANPE 1. DIEN TiCH HINH PHANG
I. Dién tich ciia hinh phdng giéi han béi do thi (C): y = f(x); truc hoanh va hai duong thang x =a, x = b
b

tinh bdi cong thiic : S = “ f(x) |dx (a<b)

b
1) Néu f(x) >0 v6imoix € [a;b] thi: S = If(x)dx

. (©)
b O| a b «x
2) Néu f(x) <0 véimoi x € [a; b] thi: S = —jf(x)dx
a y
3) NE X a c b Hi S j.f( v j}f( 'a e %) X
éu thi: S = x)dx — | f(x)dx
f(X) + O - a c
Y
. X a c b P 2
4) Néu thi: S = —If(x) dx+jf(x) dx A X
f(X) - O + a c i

o’ wc b
T T AT
LUYEN THI THPT QG : TRAC NGHIEM TICH PHAN ..o oei oottt ottt ettt ettt ettt ettt ee e ee e ere s GVBM : POAN NGOC DUNG



8
I1. Dién tich ciia hinh phdng gidi han bdi cdc dé thi (C): y = f(x); (C’): y = g(x) va hai duong thing x = a, x

b
= b tinh béi cong thiic: S = [|f(x) - g(x)|dx y d ()
a (&)
b
1) Né&u f(x) > g(x) véimoi x € [a; b] thi: S = I[f(x) —g(x)]dx ©
a (CI> O a b X
¢} a b 2

b
2) N€u f(x) < g(x) v6imoi x € [a; b] thi: S = I[g(x) —f(x)]dx

. x |a c b . F 8
3) Néu thi: S = I[f(x) —g(x)]dx + I [g(x) —f(x)]dx %!
fo-go| + 0 - a c -

X | a C

f(x-gx)| - 0 +

4) Néu

thi: S = j[g(x) — f(x)]dx + j [£(x) — g(x)] dx «

OVANBDE 2. THE TiCH VAT THE
Cho mot vat thé trong khong gian toa do Oxyz. Goi B 1 phan clia vat thé
gi6i han bdi hai mit phing vudng géc vdi truc Ox tai cic diém a va b.
Goi S(x) la dién tich thiét dign ctiia vat thé bi cit bdi mit phing vudng
géc v6i truc Ox tai di€m c6 hoanh @6 x (a <x <b). Gia st S = S(x) 1a mot
ham lién tuc.

b
Ngudi ta chitng minh dugc ring thé tich VciaBla: | V =IS(X) dx

O VANDE 3. THE TICH KHOI TRON XOAY T
I. Thé tich kh&i tron xoay khi quay quanh ’ %

truc hoanh hinh phing gidi han bdi d6 thi
(C): y = f(x); truc hoanh va cdc dudng thing
X =a, X = b (vdi a <b) tinh bdi cong thiic:

b
V= njfz(x)dx

4 C)

II. Thé tich khdi tron xoay khi quay quanh b, ) ’ /%\\
truc hoanh hinh phing gi6i han b&i db thi V= [ [ () - g (x)]dx o
(O) 1y =1(x); (C’) : y = g(x) va cdc dudng thing - \/ &/

X =a, X =b (v6i a < b) tinh bdi cong thic: f(x)2g(x)=20,Vx ela;b]) o

II1. Thé tich kh&i tron xoay khi quay quanh
truc tung hinh phing gidi han bgi dd thi
(C): x =g(y) va cdc dudng thingy =c,

y =d (v6i ¢ < d) tinh bdi cong thic:

d
V=rn[g’(y)dy

e Chii ¥ khi tinh thé tich vt thé tron xoay :

Hinh phdng gigi han béi 4 duong Quay quanh truc Thé tich khoi tron xoay
b
y=f(x);y=0;x=a;x=b Ox V:njfz(x)dx
b
y=fxX);y=gxX);x=a;x=b V =l [F260 = a2 0 bix
(V6 £(x) > g(x) O [0 -g' el
d
x=1(y);x=0;y=c;y=d Oy Vzn.[fz()’)dy
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TRAC NGHIEM TiCH PHAN

= DANG 1: LY THUYET TiCH PHAN

Cédu 1.2 : Cho F(x) 1a nguyén ham cta ham s6 f(x) trén [a ; b]. Phat biéu ndo sau dﬁy sai ?

A [l =F(b)-Fla) B jf(x)dx=o c. jf(x)dx¢jf(t)dt D. jf x)dx_—J' (x)ix

nl2 /2

Cdu 1.2 : (SGK) Cho hai tich phan Isinz xdx va _[COSZ xdx , hay chi ra khing dinh ding:
0 0

nl2 nl2 nl2 nl2 nl2 nl2
A. jsinz xdx > jcos2xdx B. fsinzxdx < J‘cos2 xdx C. jsinzxdx = jcos2 xdx  D. Khong so sdnh dugc
0
Cidul.3: Trong cdc ding thitc sau day, ding thifc nao 1a ding thic dﬁng ?
nl4 nl4 nl4 nl4 nl4
A. Jsm xdx = jxdx B. Ism xdx = jcosxdx C. jsm xdx = J'xzdx D. Jsm xdx = Ixzdx
-nl/4 -nl4 -nl4 -nl4 -nl/4

Céu 1.4 : Cho hai ham sd y = f(x), y = g(x), s0 thuc k € R 1a cdc ham s6 khd tich trén [a,b]c R va
cela, b]. Khi dé bi€u thitc nao sau day la bi€u thic sai

A. j’. f (x)dx :j- f (x)dx +j- f (x)dx B. Né&u f(x)>0,vx e[a,b] thi .T f(x)dx>0
C. .Tk.f (x)dx = kj. f (x)dx D. j). f(x).g(x)dx :j{ f(x)dx.jb'g(x)dx

Cdu 1.5 : Cho u(x), v(x) 12 hai hAm s& c6 dao ham lién tuc trén [a ; b], ta c6:
(1) j.udv = uv|2 - Tvdu (2) iudv = uv|:1 - _b[v.u'dx
A. (1) ding va (2) sai B. (1) sai va (2) ding C. (1) saiva (2) sai D. (1) ding va (2) ding
Cdu 1.6 : N&u f(x) 12 ham s6 18 lién tuc trén doan [-2; 2] va Jz‘f(x)dx =2 thi Tf(x)dx bing :
0 -2

A.2 B.0 C.-2 D. 4
Cdu 1.7 : N&u f(x) 12 ham s6 chin lién tuc va j.f(x)dx =8 thi Tf(x)dx bing :

) )

A. 4 B. 4 C. 16 D. -8
Cédu 1.8 : Cho hai ham s6 y = fi(x) va y = f(x) lién tuc trén doan [a ; b]. Vi€t cdng thitc tinh dién tich hinh
phing S gidi han bsi dd thi hai hém s6 d6 va hai dudng thrflng Xx=a,x=b.

A.S:T[fl( (x)kdx B.S= j (x)dx C.s= “f ~f,(x)dx D.s=

I[ (x) = £, (x )Jax

a

Céu 1.9 : Chon phit biéu Piing trong cic phat bi€u sau :
b
A. Dién tich ctia hinh phing gidi han bdi (C): y =f(x), Ox:y=0va x=a,x=bla S= “f(x]dx .

B. Hinh phing (H) gidi han bdi (C): y = f(x), Ox : y =0, x = a, x = b khi quay (H) quanh truc Ox ta dudc
mot

vat thé tron xoay c6 thé tich dugc tinh theo cong thifc V = n_[ f
C. Dlen tich ctia hinh phing gi6i han bdi (C)): y = f(x), (C2): y = g(x) va x = a, x = b dudc tinh bdi cdng thiic
S= Hfz(x)—gz(Xde
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D. Hinh phing (H) gidi han bdi (C)) : y = f(x), (C,) : y = g(x), X = a, x = b khi quay (H) quanh truc Ox ta

b
dugc mot vt thé trdon xoay c6 thé tich dugc tinh theo cong thic S = I|f(x)—g(x]dx.

Cdu 1.10 : Chon phét bi€u Sai trong cdc phdt bi€u sau :
A. Hinh ph.'?lng (H) gi6i han bdi (C): y = f(x), Ox: y =0, x = a, x = b khi quay (H) quanh truc Ox ta dugc mdt

b
vat th€ tron xoay c6 th€ tich dugc tinh theo cong thic V = If 2 (x Jdx .

B. Hinh phing (H) gidi han bdi (C)): y = f(x), (Cy): y = g(x), X = a, x = b khi quay (H) quanh truc Ox ta dudc

mot vat thé tron xoay c6 thé tich dudc tinh theo cong thirc S = hfz (x)-g? (xjdx .
C. Dién tich ctia hinh phing gidi han bdi (C)): y = f(x), (C2): y = g(X) va x = a, x = b dudc tinh bdi cong thitc
S= j-‘fz(x)—gz(xjdx
' b
D. Dién tich ctia hinh phing gidi han bdi (C): y =f(x),Ox: y=0vax=a,x=bla S= _“f(x]dx .

Céu 1.11 : Chon phat bi€u Sai trong cdc phat biéu sau :
A. Dién tich ctia hinh phing gidi han bdi (Cl) y =1(x), (Ca): y =g(x), (C3):y=h(x) va x=a,x=b,x=c

dugc tinh bdi cong thic S = I (x))dx +I

B. Dién tich cda hinh phang gidi han bdi (Cy): y = f(x), (Cp): y=g(X) va x =a,x=b. VGi x € [a; b] va
cela;b]thi S= J‘ )dx+J-

C. Hinh phang (H) gi6i han béi (Cy): y = f(x), (Ca): y = f(x), A: y = f(a), Ay: y = f(b), Fl(y) > g_l(y) > 0 khi
quay (H) quanh truc Oy ta dudc mdt vat thé tron xoay c6 thé tich dudc tinh theo cong thiic

£(b)
_ 2 _ 2
V=r | [ o) -l o) .
D. Hinh phazlng (H) gi6i han béi (C) : y =f(x), Oy : x =0, Ay : y = f(a), Ay : y = f(b) khi quay (H) quanh truc

f(b)
Oy ta dugc mot vat thé tron xoay c6 thé tich dugc tinh theo cdng thiic V =rn J.[f dy.
f(a)
Céu 1.12 : Chon phat biéu Piing trong cdc phat biéu sau :
A. Néu f(x) — g(x) khong ddi ddu trén [a ; b] khi d6 ta dugc dem dau tri tuyét d6i ra ngoai tich phan :

S= _T|f(x)—g(x]dx = .T[f(x)—g(x) X.

a

B. Hinh phing (H) gi6i han bdi (C)) : y = f(x), (C2) : y = g(X), X = a, X = b, f(x) > g(x) > 0 khi quay (H)
b
quanh truc Ox ta dugc mot vat thé tron xoay c6 thé tich dudgc tinh theo cong thitc V = nj [f(x)— g(x) X.

C. Thé tich ctia mot hinh phing (H) khi quay (H) quanh truc Ox c¢6 thé 4m hozc dudng.
D. Dién tich hinh phing gidi han bdi @6 thi ham s& x = f(y), x = g(y) va hai dudng thingy =a, y=bla

b
s=f*(y)-g* (y)dy
Cdu 1.13 : (CAU 22 DMH 2017) Viét cong thifc tinh thé tich V clia khdi tron xoay dudc tao khi quay hinh
thang cong, gi6i han bdi dd thi ham s6 y = f(x), truc Ox va hai dudng thing x = a, x = b (a < b), xung quanh
truc Ox.
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A. V= TCJb‘fz(X)dX B. V= jlfz(x)dx C. V= njlf(x)dx D. V= hf(x]dx

2
Céu 1.14. (CAU 24 BDMH 2017) Tinh I=J-2xx/x2 —1dx bing cdch ditu = x> - 1, ménh dé nio dusi diy

diang ?
3 2 3 12
A.I:ZI\/Edu B.I:j\/ﬁdu c.1=j\/ﬁdu D.I:EI\/Edu
0 1 0 1

Cédu 1.15. (CAU 6 BMH 2018) Cho ham s§ y = f (x) lién tuc trén doan [a ; b]. Goi D Ia hinh phaamg gidi han
bdi dd thi cia ham s§ y = f (x), truc hoanh va hai dudng thing x =a , x = b (a <b). Thé tich ctia khdi tron
xoay tao thanh khi quay D quanh truc hoanh dugc tinh theo cong thitc

b b b b
A. V=n.[f2(x)dx B. V=2nIf2(x)dx C. V=71:2J.f2(x)dx D. Vznzj.f(x)dx

2 2
Cau 1.16. (CAU 33 DMH 2020 - LAN 2) Xét [xe* dx, néu datu=x" thi [xe*dx bing
0

2 4 1 2 1 4
A. 2[e"du B. 2[e"du C. fe'd D. ~[e'd
0 0 2 0 2 0
Céu 1.17. (CAU 34 DMH 2020 - LAN 2) Dién tich S cia hinh phang gidi han bdi cdc dudng y = 2x2, y=-1,x
=0 va x = 1 dudc tinh bdi cdng thic nao dudi day?
1 1 1 1
A, S=nf(2x* +1)ix B. S=(2x* - 1jix C.5=[(2x? +1) dx D. §=[(2x* +1)ix
0 0

0 0

PDAP AN DANG 1 TiCH PHAN

Cau 1 2 3 4 5 6 7 8 9 10
Pép 4n C C A D D C A C D C
Cau 11 12 13 14 15 16 17
Dép 4n C A A C A D D

= DANG 2 : TiNH GIA TRI BPON GIAN

x> +9x%2+3x-5

Cdu 2.1 : Tinh j dx .
x+1
A2 B. 2 c. 4 D -2
3 3 3 3
2
Cdu 2.2 : Tinh [(11x* +8xR/x’dx.
0
A. 1234 B. 243/4 C. 1834 D. 363/4
Céu 2.3 : Tinh 3]
x> +x-2
A. In2 B. 3In2 C.-In2 D. -3In2
1
Cdu 2.4 : Tinh I:Izd—x.
o X*+4x+3

T T AT
LUYEN THI THPT QG : TRAC NGHIEM TICH PHAN ..o oei oottt ottt ettt ettt ettt ettt ee e ee e ere s GVBM : POAN NGOC DUNG




A I=In§ B I=—In§
2 2
"2 cos xdx
Cdu 2.5 : Tinh —.
y 2+sinx
A.lnE B.m%
2 3
nl2
Cdu 2.6 : Tinh Icosxsin5xdx )
n/6
A 8 B. 2L
64 128
nl4 dX
Cau 2.7 : Tinh _.
i, SIN2x tan 2x
AL B. —1
4 2
nl/2
Cdu 2.8 : Tinh J'sin2 xdx .
0
AL B. X
8 6
" sinx.cos x
Cdu2.9:Tinh 1= If———;————
5 Sin2X+cos 2x
A X B. X
16 2

2
Ciu2.10 : Tinh I = j x2In xdx .
1

A. 24In2-7 B. 8In2—£
nl2
Cdu2.11 : Tinh 1= j e*.cos xdx .
0
A e? -1 B. 1[ 2—1}
2
452
Cau2.12: Tinh [ 221X "4 g
1 2x
1 3
A. —+3In2 B. 2+3In2
2 2
1
2xdx
Céu2.13 : Tinh [—2222
£X+Vx2+l
N %(2\/5—1) B, %(2\/%1)

! 1
Cau2.14: Tinh [ = [1+—dx.
1/2X X

N %(2\/5—56)

N | —

B. %(5\/3—2\/5)

. In6

65

64

NG|

NGRS

8 7

.=In2——

3 3

. l[ez +1)
2

.——3In2
.%(\/EH)

.%(2\/5+5\/§)

0 | =

12

.I =—In§
2

.—In3

63

128

w3

0 |

8 7

.=In2——

3 9

NN

L ama
2
.%(\/5—1)

. —%(5\/5+2\/§)
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2
Cdu 2.15 : Tinh j xe? dx .
1

62 62 62 62
A —(e® -1 B. —le*-1 C. —le*-1 D. —(e® +1
o) o) o) o)
Cau2.16 : Tinh I = Isin2 X(2 —v/1+ cos2x)dx .
nl2
A.7r—1 B.7z+1 C.E—1 D.Z—Q
3 2 2 3 2 3
2
Cau2.17: Tinh 1= [ 240
o X +3X+2
A. 1=2In2+1In3 B.I1=2In3+1In4 C.I1=2In2+3In3 D.1=2In3+3In2
4
Céu 2.18 : Tinh j (3\& +gjdx
X
1
A.2(7-2In2) B. 2(7 + 2In 2) C.2(7 +4In 2) D. 2(7 — 41n 2)

Céu 2.19 : (CAU 25 DMH 2017) Tinh tich phan I = JCOSS X.sinxdx .
0

A T=—Ltnt B.1=-r* C.1=0 D 1=t
4 4
Cau 2.20 : (CAU 26 PMH 2017) Tinh tich phan I = [xInxdx .
1
2 2 2
A=t B.1=5 2 1=t D 1=5"1
2 2 4 4
2
Cau 2.21 : (CAU 19 BMH 2018) Tich phan | 9 bing
) X+3
16 5 5 2
. — B. log— C. In— D. —
225 3 3 15
2
Cédu 2.22 : (CAU 22 THPT QG 2018) J‘eh’ldx bing
1
A. l(6:5 —ez) B. le5 —e? C. e’ —¢? D. l(e5 +ez)
3 3 3
1
Cdu 2.23 : (CAU 20 THPT QG 2018) [e*"dx biing
0
1 4 4 1 4 3
A.g(e —e) B.e"—e€ C.g(e +e) D.e’-e¢
2
Céu 2.24 : (CAU 19 THPT QG 2018) J' bing
1 3x =2
1 2
A. 2In2 B. gan C. gln2 D. In2
r X
Cédu 2.25 : (CAU 20 THPT QG 2018) j bing
12X +3
A.21nz B. lln35 C.lnz D.llnz
5 2 5 2 5
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Cau 2.26 : (CAU 17 BMH 2021) Tich phan [x’dx biing

14

Al B 17 c.’ s
3 4 4 4
2 .
) . -1 Kkhix >2
Cdu 2.27 : (CAU 41 DMH 2021) Cho ham s f(x)=1" tx=s
x> —2x+3 khix<2
2
Tich phan If(Zsinx+1)cosxdx bing
0
A2 p 2 v 7
3 6 3
DAP AN DANG 2 TiCH PHAN
Cau 1 2 3 4 5 6 7 8 9 10
bédp dn D D A D A B C C A D
au 11 12 13 14 15 16 17 18 19 20
Piép 4n B B D B A D D B C C
Cau 21 22 23 24 25 26 27
Pép dn C A A C D D B

= DANG 3 : UNG DUNG LY THUYET PE TiNH GIA TRI

Cdu 3.1 : (CAU 23 PMH 2017) Cho ham s6 f(x) c6 dao ham trén doan [1 ; 2], f(1) = 1 va f(2) = 2. Tinh

I:if'(x)dx

A l=1 B.I=-1

4
Céu 3.2 : (CAU 25 DMH 2017) Cho f
0

A.1=32 B.1=8

C.I=3

2

0

C.I1=16

f(x)dx =16 . Tinh I = Jf(ZX)dX.

=

d.1=4

NN

Cau 3.3 : (CAU 38 BMH 2017) Cho ham s6 f (x) théa man [(x+1)f '(x)dx =10 va 2f(1) - f(0) = 2. Tinh

1

C.I1=12

-8

Céu 3.4 : (CAU 44 DMH 2017) Cho ham s& f(x) lién tuc trén R va thod f(x)+f(—x)=+2+2cos2x, ¥x € R.

I= J-f(x)dx
0
A I=-12 B.I=8
3m/2
Tinh I= J.f(x)dx .
-37/2
A l=-6 B.I1=0

6 2
Cau 3.5 : (CAU 25 THPT QG 2017) Cho [f(x)dx =12. Tinh I=[f(3x)dx.
0 0

A I=6 B.1=36

C.1=2

D.I=4
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2 2 2
Cdu 3.6 : (CAU 21 THPT QG 2017) Cho J.f(x)dx =2 va J.g(x)dx =—1.Tinh I = J.[X +2f(x) - 3g(x)|dx .
-1 -1
1 p 1=l
2 2
n/2 /2
Cau 3.7 : (CAU 25 THPT QG 2017) Cho [ f(x)dx =5. Tinh I= [[f(x)+2sinx}dx .
0

0

-1

A 1=

N |

B.I=z C. 1
2

A 1=7 B.1=5+§ C.1=3 D.I=5+n
Cdu 3.8 : (CAU 50 PMH 2018) Cho ham sd f(x) c6 dao ham lién tuc trén doan [0;1] thda man f(1) = 0,

1 1 1
I[f’ (x)dx=7 va Ixzf(x)dx :% . Tich phéan Jf(x)dx bing
0

0 0

D.4

>

Z B.1 C.
5

IS |

1 1 1
Cdu 3.9 : (CAU 6 DMH 2019) Cho [ f(x)dx =2 va [g(x)}dx =5, khi d6 [[f(x)-2g(x)lix bing
0 0 0

A. -3 B. 12 C.-8 D.1

2 3 3
Cdu 3.10 : (CAU 7 DMH 2020 - LAN 1) Néu [f(x)dx =—2 va [f(x)dx =1 thi [f(x)dx bing
1 2 1

A. -3 B.-1 C.1 D.3
1 1

Cau 3.1 : (CAU 18 PMH 2020 - LAN 2) Néu [f(x)dx =4 thi [2f(x)dx bing
0 0

A. 16 B. 4 C.2 D. 8
3

3
Cédu 3.12 : (CAU 23 THPT QG 2020 - LAN 1) Biét If(x)dx =3. Gid trj ca IZf(X)dX bang
1 1

A.S B.9 C.6 %

Cdu 3.13 : (CAU 28 THPT QG 2020 — LAN 1) Biét F(x) = x* 1a mot nguyén ham ciia ham s6 f(x) trén R. Gi4
2

tri cta _[(2+f(x))dx bing
1

A5 B.3 C.E D.Z
3 3

3 3 3
Cédu 3.14 : (CAU 21 THPT QG 2020 — LAN 2) Biét If(x)dx =3 va Ig(x)dx =1. Khi d6 I[f(x)+g(x)]dx bang
2 2 2
A 4 B.2 C.-2 D.3

Céu 3.15 : (CAU 37 THPT QG 2020 — LAN 2) Biét

O — —

1
[f(x)+2xJdx =3. Khi d6 [f(x)dx bing
0

Al B.5 C.3 D.2
3

f(x)dx=5 va jf(x)dx=—2 thi If(x)dx bing
2

1

Cdu 3.16 : (CAU 16 DPMH 2021) Néu

—_——

A3 B.7 C.-10 D. -7
4 4 4

Cau 3.17 : (CAU 2 THPT QG 2021 - BOT 1) Néu [f(x)dx=3 va [g(x)dx=-2 thi [(f(x)-g(x))dx=3
1 1 1

bing
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A. -1 B.-5 C.5 D. 1

Cdu 3.18 : (CAU 16 THPT QG 2021 — DOT 1) Néu If x)dx = 4 thi I3f x)dx bing

A. 36 B. 12 C.3 D.4

Cau 3.19 : (CAU 38 THPT QG 2021 - BOT 1) Néu jf x)dx =5 thi j[zf )-1]dx bing

A.8 B.9 C. 10 D. 12
Cédu 3.20 : (CAU 46 THPT QG 2021 — DOT 2) N&u jf x)dx =2 va jf x)dx =5 thi jf x)dx bing

A. 10 B.3 C.7 D. -3
Cdu 3.21 : (CAU 23 THPT QG 2021 — BOT 2) Cho f12 ham s6 lién tuc trén [1; 2]. Bi€t F 12 nguyén ham ctia f

trén [1;2] théa F(1)=-2 va F(2)=4.Khid6 jf x)dx bing

A.6 B.2 C.-6 D.-2

2 2
Cdu 3.22 : (CAU 33 THPT QG 2021 - BOT 2) Néu [f(x)dx =2 thi [[4x—f(x)]dx bing
0 0

A. 12 B. 10 C. 4 D.6

PDAP AN DANG 3 TiCH PHAN

Cau 1 2 3 4 5 6 7 8 9 10
Dép édn A B D D D C A A C B
Cau 11 12 13 14 15 16 17 18 19 20
Dép an D C A A D A C B A C
Cau 21 22
Dép an A D

= DANG 4 : UNG DUNG TiCH PHAN PE TiNH DIEN TiCH, THE TicH

. e AR s L +1 . R s 2
Cdu 4.1 : Tinh di€n tich hinh phang gi6i han bGi do thi ham s6 y = X va céc tryc toa do. Chon két qua

Xx—2

ding :
A.21né—1 B.SInE—l C.3ln§—1 D. 3In§—1

2 2 2 2
Cdu 4.2 : Tinh dién tich hinh phing dugc gidi han bdi hai db thi ham s6y = —x* +2x + 1 ; y = 2x” — 4x + 1.
A5 B.4 C.8 D. 10
Cdu 4.3 : Tinh dién tich S c@a hinh phing (H) dugc gidi han bdi cdc dudng y = x* — 2x + 2 (P) va cdc tiép
tuyén cia (P) di qua diém A(2 ; -2).

A.S=4 B.S=6 C.S=8 D.S=9
Cdu 4.4 : Tinh dién tich hinh phing dugc gi6i han bdi cic dudng x =0,y =e”*, x = 1.
A.e-1 B.le+l C.Ee—l D.2e-3
2 2 2 2
2
Cédu 4.5 : Tinh dién tich S ctia hinh phing dugc gigi han bdi db thi hai ham sd y :‘ ? ,y= X? +4.
A.S=6?4 B.Sz% C.S=8 D.S=16
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Cdu 4.6 : Ki hiéu (H) 12 hinh phing gidi han bdi dd thi hAm s6 = y sinx + cosx, truc tung va dudng thing

X = g . Tinh thé tich V ctia khdi tron xoay thu dudc khi quay hinh (H) xung quanh truc hoanh.

n+2) T+2 T +2

A.V:R(T B. V= C. V= D.V=r’+2

Cau 4.7 : Cho tam gidc déu ABC c6 dién tich bing V3 quay xung quanh canh AC clia né. Tinh thé tich V

cta khéi tron xoay dugc tao thanh.

A V=2n B.V=n C.Vz%n D.V:%n

Cdu 4.8 : Ki hiéu (H) 12 hinh phing gidi han bdi d6 thi hAm s6 y = 3Jx —x va dudng thing y = %x. Tinh

thé tich V ctia khdi tron xoay thu dugc khi quay hinh (H) xung quanh truc Ox.

NEL 5.3 ¢ p, 3
5 2 4 5

1
1++4-3x
Ox. Thé tich kh&i tron xoay tao thanh bing :

A ®am3 B. 5(61113—1) C. 5(91113—1) p. = 6ln§—1j
6 2 4 2 6 2 9 2

Cdu 4.10 : (CAU 27 DMH 2017) Tinh dién tich hinh phing giéi han bdi dd thi 2hAim sy =x’ - x vy = x —

2
X

AT c. ¥
12 12

Cau 4.11 : (CAU 28 PMH 2017) Ki hiéu (H) 1a hinh phfmg gidi han bdi dd thi ham s6 y = 2(x — 1)e*, truc

tung va truc hoanh. Tinh thé tich V clia khdi tron xoay thu dudc khi quay hinh (H) xung quanh truc Ox.

A V=4-2¢ B.V=(4-2e)n C.V=e’-5 D.V=(e"-5)n

Cdu 4.12 : (CAU 27 DMH 2017) Cho hinh thang cong (H) gidi han bdi cdc dudng y = €,

y=0,x=0va x =In4. Dudng thfmg x =k (0 <k < 1n4) chia (H) thanh hai phﬁn c6 dién

tich1a S; va S, nhu hinh v& bén. Tim k d€ S; = 28S.,.

A. k:%1n4
3

Cdu 4.9 : Cho hinh phing gidi han bdi cdc dudng y = ,y=0, x =0, x = 1 quay xung quanh truc

B. 2 D. 13
4

B.k=1n2 ‘ >

C. k:lng e\

Z x
O k In4

D.k=1n3

Cdu 4.13 : (CAU 28 DMH 2017) Ong An ¢6 mot manh vudn hinh elip ¢6 do dai truc
16n bing 16 m va d6 dai truc bé bing 10 m. Ong mudn trdng hoa trén mot dai da't
rong 8 m va nhan truc bé clia elip 1am truc d6i xing (nhu hinh vé). Biét kinh phi dé
tréng hoa 1a 100.000 ddng/m*. Hdi 6ng An cin bao nhiéu tién dé trong hoa trén dai
da't d6? (S0 tién dudgc 1am tron d€n hang nghin).

A. 7.862.000 dong B. 7.653.000 dong
C. 7.128.000 dong D. 7.826.000 dong

Céu 4.14 : (CAU 21 PMH 2017) Goi S 1a dién tich hinh phing (H) gidi han bdi cic !

dudng y = f(x), truc hoanh va hai dudng thing x = —1, x = 2 (nhu hinh v& bén).
0 2

Pat a=[f(x)dx, b=[f(x)dx , m¢nh d& nao dudi day diing ?
-1 0

A.S=b-a B.S=b+a )/
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C.S=-b+a D.S=-b-a

Cdu 4.15 : (CAU 34 DMH 2017) Tinh thé tich V clia phdn vat thé gi6i han bdi hai mit phing x =1 va x = 3,
bié't riing khi cit vat thé bdi mit phing tily ¥ vudng géc véi truc Ox tai di€ém c6 hoanh dd x (1 < x < 3) thi

dugc thi€t dién 12 mot hinh chit nhat ¢6 do dai hai canh 13 3x va v3x* —2.

A V=32+215 B.V=1234“ C.V:% D. V=[32+2JI5 )

Cdu 4.16 : (CAU 14 THPT QG 2017) Cho hinh phing D gidi han b&i dudng cong y =+/2 + cosx , truc hoanh
va cdc dudng thing x =0, x = g Khdi tron xoay tao thanh khi quay D quanh truc hoanh c6 thé tich V bing

bao nhiéu?
A V=n-1 B.V=(n-Dn C.V=(n+1)rn D.V=n+1
Cédu 4.17 : (CAU 20 THPT QG 2017) Cho hinh phing D gidi han bdi dudng cong y =+/2+sinx, truc hoanh
v cdc dudng thing x = 0, x = . Khdi tron xoay tao thanh khi quay D quanh truc hoanh cé thé tich V bing
bao nhiéu?
A V=2n+1) B.V=2n(n+1) C.V=2r D.V=2n
Céu 4.18 : (CAU 21 THPT QG 2017) Cho hinh phing D gidi han bdi dudng cong y = e*, truc hoanh va cic
duong thing x = 0, x = 1. Khdi tron xoay tao thanh khi quay D quanh truc hoinh c6 thé tich V biing bao
nhiéu?

2

ne (e +1)

2 2
B. V cyv=¢"1 p. v="e =D

2 2 2
Cdu 4.19 : (CAU 14 THPT QG 2017) Cho hinh phing D gidi han bdi dudng cong y =vx” +1, truc hoanh va
cac dudng thing x = 0, x = 1. Khdi tron xoay tao thanh khi quay D quanh truc hoanh c6 thé tich V bing bao

A. V=

nhiéu?

A.V=4?7T B.V=2n C.Vzg D.V=2

Cdu 4.20 : (CAU 31 BMH 2018) Cho (H) 12 hinh phing gidi han bdi parabol
y = V3x2, cung tron c6 phuong trinh y=+/4—-x> (v6i 0 < x < 2) va truc hoanh
(phﬁn t0 dAm trong hinh v&). Dién tich ctia (H) bing

A 4n+\/§ B. 471—\/5
12 6
c 4n+26J§ -3 b, 5J§3—2n

Céu 4.21 : (CAU 49 THPT QG 2017) Cho ham s8 y = f(x). P4 thi cia hAim s§ y =f’(x) .
nhu hinh bén. Bit h(x) = 2f(x) — x*. Ménh dé nao du6i diy ding?

A. h(4) = h(-2) > h(2)

B. h(4) = h(-2) < h(2) 2
C. h(2) > h(4) > h(~2) / A4
D. h(2) > h(-2) > h(4)

Céu 4.22 : (CAU 48 THPT QG 2017) Cho ham s8 y = f(x). P4 thi clia hAim s6 y = f *(x)
nhu hinh bén. it g(x) = 2f(x) — (x + 1)*. Ménh dé nao duéi ddy ding?
A. g(-3)>g3)>g(l)

B. g(1) > g(-3) > g(3) - F1-
C. g(3)>g(-3)>g(1) / 2 : 3
D. g(1) > g(3) > g(-3) =
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Cédu 4.23 : (CAU 46 THPT QG 2017) Cho ham s6 y = f(x). D0 thi clia hAm s6 y = f *(x)
nhu hinh bén. Bat g(x) = 2f(x) + x>, Ménh dé nao dusi day ding? B A
A.g(3)<g(=3)<g(l) | |
B. g(1) <g(3) <g(=3)
C.g(l)<g(=3)<gB)
D. g(-3) <g(3) <g(l)

Céau 4.24 : (CAU 48 THPT QG 2017) Cho ham s8 y = f(x). P thi clia haim s6 y = f *(x)

nhu hinh bén. Bdt g(x) = 2f(x) + (x + 1)%. Ménh dé nao duéi day ding? \ ] 2
A.g(l)<gB)<g=3) e I3 L
B. g(1) <g(=3) <g(3) g
C.g3)=g(-3)<gl) il

D. g(3) = g(-3)>g(l)

Cédu 4.25 : (CAU 5 THPT QG 2018) Goi S 1a dién tich clia hinh phing gidi han bdi cic dudngy =e*, y =0, x
=0, x = 2. Ménh dé nao dudi diy ding?
2 2 2 2
A. S=n[e™dx B. S=[e"dx C. S=n[edx D. $=[e”dx
0 0 0 0
Cdu 4.26 : (THPT QG 2018) Goi S 1a dién tich clia hinh phing gidi han bdi cdc dudngy =2,y =0, x =0, x
= 2. Ménh dé nao dudi diy ding?
2 2 2 2
A. S=[2%dx B. S=m[2"dx C. S=[27dx D. S =n[2"dx
0 0 0 0
Cdu 4.27 : (THPT QG 2018) Cho hinh phing (H) gi6i han bdi cdc dudngy=x"+3,y=0,x=0, x =2. Goi V
12 thé tich clia khdi tron xoay dudc tao thanh khi quay (H) xung quanh truc Ox. Ménh dé nao dudi diy

ding?
2

A. V:njz.(x2+3)2dx B. V:nj.(x2+3)dx C. V:J-(x2+3)2dx D. V:j‘(x2+3)dx
0 0 0 0

Cdu 4.28 : (THPT QG 2018) Cho hinh phing (H) gi6i han bdi cdc dudngy=x"+2,y=0,x=1,x=2. Goi V
1a thé tich khdi tron xoay dudgc tao thanh khi quay (H) xung quanh truc Ox. Ménh dé& nao dué6i day ding?

A. V:ni(xz +2fdx  B. V:j(xz 2fdx V:nj(xz +2)dx D. sz(x2 +2)dx
1 1 1 1

. . 1
Cau 4.29 : (CAU 41 THPT QG 2018) Cho hai ham so f(x)=ax3 +bx* +cx 3 va vh

g(x)=dx*+ex +1(a, b, c,d, e € R). Bi€t riing dd thi cia hAm s6 y = f(x) vd y =
g(x) cit nhau tai ba di€m c6 hoanh d6 1an lugt 12 —3, —1, 1 (tham kh3o hinh vé).
Hinh phing gidi han bdi hai dd thi da cho c6 dién tich bing

A2 B.8
2
C. 4 D.5

Cdu 4.30 : (THPT QG 2018) Cho hai ham s& f(x) = ax’ + bx” + cx — 2 va g(x) = dx* +
ex+2(a,b,c,d, e € R). Bi€t riing dd thi ctia ham s6 y = f(x) va y = g(x) cit nhau tai
ba diém c6 hoanh do 1an lugt 1a —2 ; —1 ; 1 (tham khao hinh v&). Hinh phing gi6i han
bdi hai dd thi da cho c6 dién tich biing

AL B 2
6 2
C. 2 D. 37
2 12

T T AT
LUYEN THI THPT QG : TRAC NGHIEM TICH PHAN ..o oei oottt ottt ettt ettt ettt ettt ee e ee e ere s GVBM : POAN NGOC DUNG



Cdu 4.31 : (THPT QG 2018) Cho hai ham s6 f(x) = ax’ + bx* + cx — 1 va
g(x) = dx* + ex + % (a, b, c,d, e € R). Bi€t riing do thi cda hAm s6 y =

f(x) va y = g(x) cit nhau tai ba di€ém c6 hoanh do 1an lugt 1a -3 ; -1 ;2
(tham khdo hinh vé&). Hinh phing gi6i han bdi hai @6 thi di cho c6 dién

tich biing
A 23 B. 125
T 12 12
253 125
48 48

Cdu 4.32 : (THPT QG 2018) Cho hai ham sd f(x) = ax’ + bx’ +cx+% va

g(x) = dx* +ex —% (a, b, c, d, e € R). Bi€t riing dd thi cda ham s8 y = f(x) va

y = g(x) cit nhau tai ba di€m c6 hoanh d6 1an lugt 12 —2 ; 1 ; 3 (tham kh3o
hinh v&). Hinh phing gi6i han bdi hai d thi di cho c6 dién tich biing

A 22 p. 125
48 24

c. 1 p. 22
48 24

Cdu 4.33 : (CAU 24 BMH 2019) Dién tich phan hinh phing gach chéo
trong hinh v€ bén dudc tinh theo cong thic nao dudi day?

A. j(2x2—2X—4)dx B. j(—2x+2)dx
e -1

2

C. [(2x-2)dx D. j(—2x2 +2x +4)x
4 |

Cdu 4.34 : (CAU 46 DMH 2019) Mot bién quing cdo c¢6 dang hinh elip véi bon
dinh A;, A,, B, B, nhu hinh v& bén. Biét chi phi dé€ son phﬁn td dim la
200.000 déng/m* va phin cdn lai 12 100.000 ddng/m*. Hi s6 tién dé son theo
cdch trén gan nhdt v6i s§ tién ndo dudi day, bi€t AjA, = 8m, BB, = 6m va t&
gidc MNPQ 12 hinh chit nhat c6 MQ = 3m?

A. 7.322.000 dong B. 7.213.000 dong
C. 5.526.000 dong D. 5.782.000 dong

Cdu 4.35 : (CAU 29 THPT QG 2019) Cho ham s6 f(x) lién tuc trén R. Goi S 1a dién tich hinh phing gi6i han
bdi cdc dudng y = f(x), y =0, x = —1 va x = 4 (nhu hinh v& bén). Ménh dé nao duéi day diing ?

A. S= —jf(x)dx + j.f(x)dx yA / g =00
B. S:j-f(x)dx—j.f(x)dx '1/2/\1 >

T
C.S= jf(x)dx ¥ j f(x)dx

D. S= —j f(x)dx —j.f(x)dx
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Céu 4.36 : (CAU 45 THPT QG 2019) Cho dudng thing y = x va parabol

21

A
y =%x2 +a (ala tham sd thuc duong). Goi S; va S, 1an lugt 13 dién S y=x
tich ctia hai hinh phing dugc gach chéo trong hinh vé bén. Khi S; = S, _
thi a thudc khoang nao dudgi day ? S,
)

72 3 >
C. (l,%j D. %,3 O X

35 57

Cdu 4.37 : (CAU 29 DMH 2020 — LAN 1) Dién tich hinh phdng dugc gach chéo trong hinh bén biing

A. j.(—2x2 +2X+4)dx
-1

B. j.(sz —2x —4)x
-1

C. j(— 2x% —2x +4)dx

-1

D. j(2x2 +2x — 4 )dx

-1

/yu.t’—'l:l:—*i

=]

£

y=—z'+2

Cdu 4.38 : (CAU 29 THPT QG 2020 — LAN 1) Dién tich hinh phing gi6i han bdi hai dudng y = x> — 4 va y =

2x — 4 bing

A. 36 4

B. —
3

c. &
3

D. 36n

Cdu 4.39 : (CAU 34 THPT QG 2020 — LAN 2) Goi D 1a hinh phing gidi han bdi cic dudngy =e™, y=0,x=0
va x = 1. Thé tich ctia khdi tron xoay tao thanh khi quay D quanh truc Ox bing

1 1 1 1
A. J.e“dx B. cheg"dx C. nJ.e“dx D. Iegxdx
0 0 0 0
Céu 4.40 : (CAU 48 DMH 2021) Cho ham s6 bic ba y = f(x) c6 dd thi 13 dudng yi
cong trong hinh bén. Bi€t ham sd f(x) dit cuc tri tai hai diém x;, X, thda méin
X2 = X1 + 2 va f(x1) + f(x2) = 0. Goi S; va S, 1a dién tich ctia hai hinh phazlng NS
.S R
dudc gach trong hinh bén. T1 s§ —L biing A
S, SEA
o) T Za] 2
A2 B. > '
4 8 !
|
c.? D.>
8 5
DAP AN DANG 4 TiCH PHAN
Cau 1 2 3 4 5 6 7 8 9 10
bédp an C B C A A A A D D A
Cau 11 12 13 14 15 16 17 18 19 20
bédp dn D D B A C C B D A B
Cau 21 22 23 24 25 26 27 28 29 30
bédp an C D B A B A A A C A
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Céu 31 32 33 34 35 36 37 38 39 40

Dép dn C A D A B C A B B D

= DANG 5 : UNG DUNG VAT LY CUA TiCH PHAN

. , y t*+4 :
Cdu 5.1 : Mot vat chuyén dong vé6i van tdc V(t): 1,2+ . hl (m/s). Tim quang dudng S vat dé di dudc

+3

trong 20 gidy (lam tron k&t qua d&€n hang don vi).

A. 190(m) B. 191(m) C. 190,5(m) D. 190,4(m)

Cau 5.2 : Mot vat Chuyén dong chaAm dan véi van tdc v(t) = 160 — 10t (m/s). Tinh quing dudng ma vat di
chuyén tir thdi di€m t = 0 (s) d€n thdi di€m vat dirng lai.

A. 1280 m B. 128 m C12,8m D. 1,28 m

Céu 5.3 : Mot vat chuyén dong véi phuong trinh van toc 1a : v(t) = 2L+M(m/s). Tinh quiang dudng
T T

vat dé di chuyén dugc trong khodng thsi gian 5 gidy (Iam tron két qua d&€n hang phan trim).

A.S=09m B. S =0,998m C.S~=0,99m D.S~1m

Cau5.4: Mot vat chuyén dong véi van t6c 12 v(t) = zi + SN (1175). Goi S, 1a quang dudng vat d6 di
T T

trong 2 gidy dau va S, 1a quang dudng di tir gidy thi 3 d€n gidy thit 5. K&t ludn nao sau day la ding?

A. S <SS, B. § >S5S, C. § =5, D. S, =25,

Cau 5.5 : Mot vat chuyén dong cham dan déu vdi van tdc v(t) = 90 — 5t(m/s). HAi ring trong 6s trudc khi
dirng hin vat di chuyén dugc bao nhiéu mét ?

A. 810m B. 180m C. 90m D. 45m

Cédu 5.6 : Mot 6 td dang chay vdi van t6c 10m/s thi ngudi 14i dap thing, tir thdi di€m d6, 6 t6 chuyén dong
chim dan déu véi van toc v(t) = -5t + 10(m/s), trong d6 t 1a khodng thdi gian tinh bing gidy, k& tir lic bit
diu dap thing. Hai tir ldc dap thing d&€n khi dirng hin 6 t6 con di chuyén bao nhiéu mét?

A.0,2m B.2m C. 10m D. 20m

Cdu 5.7 : Mot d td chay v6i van toc 10m/s thi ngudi 14i dap thing, tir thdi di€m d6 6 td chuyén dong chaim
dan déu véi van téc v(t) = -2t + 10(m/s), trong d6 t 12 khodng thdi gian tinh bing gidy, ké tir lic bit dau
dap thing. Hoi tir lic dap thing d&n khi ditng hin 6 t6 con di chuyén bao nhiéu mét?

A.25m B. 30m C. 125/3m D. 45m

Cédu 5.8 : (CAU 24 PMH 2017) Mot 6-t6 dang chay vdi van tdc 10m/s thi ngudi 1di dap phanh; tir thdi di€m
do, 6-t6 chuyén dong cham dan déu véi van tdc v(t) = =5t + 10 (m/s), trong d6 t 1a khodang thdi gian tinh
bing gidy, k€ tir lic bit ddu dap phanh. Hdi tir lic dap phanh dé&n khi dirng hin, 6-t6 con di chuyén bao
nhiéu mét ?

A. 0,2m B.2m C. 10m D. 20m

Cédu 5.9 : (CAU 7 DMH 2017) Mot vat chuyén dong theo quy luit s = —%ﬁ +9t%, vdi t (gidy) 1a khodng thdi

gian tinh tir ldc vat bit ddu chuyén dong va s (mét) 1a quing dudng vat di dugc trong khodng thsi gian dé.
Héi trong khodng thdi gian 10 gidy, k€ tir lic bit diu chuyén dong, van toc 16n nha't clia vat dat dudc bing
bao nhiéu?

A. 216 (m/s) B. 30 (m/s) C. 400 (m/s) D. 54 (m/s) vi
Cdu 5.10 : (CAU 41 THPT QG 2017) Mot vat chuyén dong trong 3 gid vdi van tdc v(km/h) phu
thudc thdi gian t(h) c6 dd thi clia van tdc nhu hinh bén. Trong khodng thdi gian 1 gid ké tir khi
bit ddu chuyén dong, d6 thi 6 1a mot phan cia dudng parabol ¢ dinh I(2 ; 9) va truc ddi xing
song song vdi truc tung, khodng thdi gian con lai db thi 12 mot doan thing song song vdi truc

il
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hoanh. Tinh quiang dudng s ma vat di chuyén dudc trong 3 gid d6 (k&t qua 1am tron d&€n hiang phan trim).
A.s=23,25(km) B. s =21,58(km) C. 15,50(km) D. s =13,83(km)
Cdu 5.11 : (CAU 38 THPT QG 2017) Mot vat chuyén dong trong 3 gid vdi van tdc v (km/h) 4
phu thudc thdi gian t (h) ¢6 dd thi 1a mot phan clia dudng parabol c6 dinh I(2 ; 9) va truc ddi 9
xting song song véi truc tung nhu hinh bén. Tinh quing dudng s va vat di chuyén dugc trong
3 gid do.

A.s=24,25 (km)

B. s =26,75 (km)

C.s=24,75 (km) 0 23:
D. s =25,25 (km)

Céu 5.12 : (CAU 35 THPT QG 2017) Mot vat chuyén dong trong 4 gid vdi van toc v (km/h)
phu thudc thdi gian t (h) c6 dd thi cia van tdc nhu hinh bén. Trong khodng thdi gian 3 git ké
tir khi bit ddu chuyén dong, db thi d6 12 mot phan cia dudng parabol c¢é dinh I (2 ; 9) véi
truc d6i xiing song song vdi truc tung, khodng thdi gian con lai dd thi 12 mot doan thing song
song v6i truc hoanh. Tinh quing dudng s ma vit di chuyén dudc trong 4 gis do.
A.s =265 (km) B.s=28,5 (km) [
C.s =27 (km) D. s =24 (km) 0 234:¢

6

2 1 . . 2 )
Céu 5.13 : (THPT QG 2017) Mot vat chuyén dong theo quy luit s = —§t3 +6t* vdi t (gidy) 12 khodng thdi

gian tinh tr khi vat bit diu chuyén dong va s (mét) 13 quing dudng vat di chuyén dudc trong khodng thdi
gian d6. Hdi trong khodng thdi gian 6 gidy, ké tir khi bit ddu chuyén dong, vin tdc 16n nhi't cda vat dat
dugc bing bao nhiéu?

A. 24 (m/s) B. 108 (m/s) C. 18 (m/s) D. 64 (m/s)

Cau 5.14 : (THPT QG 2017) Mot vat chuyén dong theo quy luit s = —§t3 + 6t° v6i t (gidy) la khodng thdi

gian tinh tir khi vat bit didu chuyén dong va s (mét) 13 quing dudng vat di chuyén dugc trong khodng thdi
gian d6. Hdi trong khodng thdi gian 9 gidy, k& tir khi bt ddu chuyén dong, van tdc 16n nhit clia vat dat
dugc bing bao nhiéu?

A. 144 (m/s) B. 36 (m/s) C. 243 (m/s) D. 27 (m/s)

Cédu 5.15 : (CAU 35 THPT QG 2017) Mot ngudi chay trong thdi gian 1 gid, van toc v (km/h) phu Vv
thudc thdi gian t (h) c6 dd thi 12 mot phan clda dudng parabol vdi dinh I(%;Sj va truc doi xiing

song song vdi truc tung nhu hinh bén. Tinh quang dudng s ngudi d6 chay dugc trong khodng
thdi gian 45 phiit, k& tir khi bt dau chay.
A.s=4,0 (km) B.s=2,3 (km) C.s=4,5 (km) D.s=53(km) o

Céu 5.16 : Biét ring néu F = kx thi A = j f(x)dx vdi a, b 12 khodng cdch tinh ti¥ trang thai ty
b

nhién cda 10 xo. Tim cdng sinh ra clia 10 xo khi nén 10 xo dang § trang thai ty nhién dai 1,5m con 1m néu
hing s 10 xo 12 20N/m.
A. 2Nm B. 3Nm C.2,4Nm D. 2,5Nm

Céu 5.17 : Bi€t ring néu F = kx thi A = j f(x)dx v&i a, b 12 khodng cdch tinh ti¥ trang thdi ty nhién cta 10
b

xo. Tim c6ng sinh ra cda 10 xo khi nén 10 xo dang & trang thai ty nhién dai 2m con 0,5m né€u hiing s6 10 xo
la 16N/m.
A. 15Nm B. 16Nm C. 18Nm D. 20Nm
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Céu 5.18 : Bi€tring néu F=kx thi A = jf(x)dx v6i a, b 12 khodng céch tinh tir trang thdi tu nhién clia 10
b

x0. Tim cong sinh ra ctia 10 xo khi nén 16 xo dang & trang thdi ty nhién dai 2m con 0,5m rdi nén thém 25cm
nita n€u hiing s6 10 xo0 12 16N/m.
A.7Nm B. 6,5Nm C.5Nm D. 10Nm

Cédu 5.19 : Bi€t ring n€u F = kx thi A = jf(x)dx véi a, b 1a khodng cdch tinh tir trang thdi ty nhién cia 10
b

xo. Tim cong sinh ra cda 10 xo khi nén 10 xo dang & trang thai ty nhién dai 50cm con 30cm rdi nén thém

20cm nita n€u hiing s6 10 xo 12 20N/m.
A.1,2Nm B. 2,5Nm C.2Nm D. 1,5Nm

Cdu 5.20 : Mot luc 1000N nén 16 xo tir chiéu dai ty nhién 12 15cm xudng con 10cm. Né&u ta ti€p tuc nén 1o
xo tif 13cm xudng 8cm thi cong sinh ra la :

A. 5000Ncm B. 4500Ncm C. 4000Ncm D. 3000Ncm

Céu 5.21 : Mot lyc 1200N nén 10 xo tir chiéu dai ty nhién 12 20cm xu6ng con 14cm. N&u ta ti€p tuc nén 1o
X0 ti 18cm xudng 16¢cm thi cong sinhra Ia :

A. 1500Ncm B. 1000Ncm C. 1200Ncm D. 2000Ncm

Cédu 5.22 : Mot Iyc 1000N nén 16 xo tir chiéu dai ty nhién 12 15cm xudng con 10cm. Cong sinh ra khi nén
10 xo tir x(cm) xudng y(cm) 1a 4500Ncm. Khi x +y = 21 thi gid tri clia x, y 12 :

A.x=10,y=11 B.x=12,y=9 C.x=13,y=8 D.x=7,y=14

Cédu 5.23 : Mot Iyc 1200N nén 16 xo tir chiéu dai ty nhién 1a 20cm xudng con 14cm. Cong sinh ra khi nén
10 x0 t x(cm) xuéng y(cm) 12 1200Ncm. Khi x +y = 34 thi gi4 tri clia x, y 1a :

A x=17,y=7 B.x=18,y=16 C.x=20,y=14 D.x=14y=20

Cédu 5.24 : Mot hat electron c6 dién tich 4m 14 1,6.107"°C. Cong sinh ra khi tiach 2 hat electron tir 2pm dén

b
. N ki . N )
Spm la bao nhiéu bi€t cong sinh ra dugc tinh bang cong thiic A = J%dx vdi q1, Q2 lan lugt 1a dién tich
X

clia tirng hat electron, k = 9.10°.
A.6,912.107'°] B.6,912.107"J C.7.107"7J D.6.107"]
Cdu 5.25 : M6t hat electron c6 dién tich Am 1a 1,6.107°C. Cong sinh ra khi tdch 2 hat electron tit 3pm dén

b
. ) N k . N )
4pm Ia bao nhi€u bi€t cdng sinh ra dugc tinh bang cong thic A = I%dx véi qi, 2 1an lugt 1a dién tich
X

cta tirng hat electron, k = 9.10°.
A.1,92.107") B.9,12.107") C.1,2.10") D. 1,5.107"]
Cédu 5.26 : Mot hat electron ¢6 dién tich 4m 1a 1,6.107"°C. Cong sinh ra khi tach 2 hat electron tif 2pm dén

b
N . . N k
Spm la 6,912.107"J. Tinh hang sO k bi€t cong sinh ra dudc tinh bang cong thiic A = J‘%dx véi q1, Q2
X

1an lugt 1a dién tich cla tirng hat electron.

A.9.10° B.9.10" C.9.10° D. 10’

Cédu 5.27 : Cho dong dién xoay chiéu i = 3sin(100nt) (A) qua mdt didy din. Pién luong chay qua tiét dién
day trong khodng thdi gian tir 0 d€n 0,2s 12 :

A B.0 C.2n D. g

Cdu 5.28 : Cho dong dién xoay chiéu i = 2sin(50nt) (A) qua mot day din. Pién lugng chay qua ti€t dién
day trong khodng thdgi gian tir 0 d€n 0,5s 12 :

A. 0,052 B. 0,25 C. 0,025 D. 0,01

Cédu 5.29 : Cho dong dién xoay chiéu i = 2sin(907t) (A) qua mdt day din. Pién lugng chay qua tiét dién
day trong khodng thdi gian tir 0 d€n 0,15s 1a :
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A. 8,07.107 B.5.107° C.7,07.107* D.7.07.107

Céu 5.30 : Cho dong dién xoay chiéu i = I, cos(mt —gj (A), Ip > 0 chay qua mdt doan mach. Tinh tur lic

t = 0s, dién lugng chuyén qua ti€t dién thing ctia diy din clia doan mach d6 trong thdi gian bing nita chu
ki ctia dong dién 1a :
A 2T B.0 2l D. 2

® () I,

Cdu 5.31 : (CAU 32 THPT QG 2018) Mot chit di€m A xudt phat tir O, chuyén dong thing v6i van tdc bién
thién theo thdi gian bdi quy luit V(t): %tz + %t (m/s), trong d6 t (gidy) 1a khodng thdi gian tinh tir ldc
A bit ddu chuyén dong. Tir trang thdi nghi, mot chit diém B ciing xuit phét tir O, chuyén dong thing cling
huéng v6i A nhung chim hon 5 gidy so v6i A va c6 gia toc bing a (m/s?) (a 12 hiing s6). Sau khi B xuat
phét dugc 10 gidy thi dudi kip A. Van tdc ctia B tai thdi di€m dudi kip A bing

A. 22 (m/s) B. 15 (m/s) C. 10 (m/s) D. 7 (m/s)

Cdu 5.32 : (CAU 32 THPT QG 2018) Mot chit diém A xudt phat tir O, chuyén dong thing vSi van tdc bién

thién theo thdi gian bdi quy luit V(t): %tz +%t (m/s), trong d6 t (gidy) 1a khodng thdi gian tinh tir lic

A bit dau chuyén dong. Tir trang thdi nghi, mot chit diém B ciling xuat phét tir O, chuyén dong thing cling
hudng v6i A nhung chim hon 3 gidy so v6i A va c6 gia toc bing a (m/s%) (a 12 hing s6). Sau khi B xuat
phat dugc 12 gidy thi dudi kip A. Van toc ctia B tai thdi di€m dudi kip A bing

A. 20 (m/s) B. 16 (m/s) C. 13 (m/s) D. 15 (m/s)

Cdu 5.33 : (CAU 27 THPT QG 2018) Mot chat di€m A xuit phat tir O, chuyén dong thing vdi van tdc bi€n

thién theo thdi gian bgi quy luat v(t) = ﬁtz + %t (m/s), trong d6 t (gidy) la khoang thdi gian tinh tir lic

A bit dau chuyén dong. Tir trang thdi nghi, mot chit diém B ciling xuat phét tir O, chuyén dong thing ciing
hudng véi A nhung cham hon 10 gidy so v6i A va c6 gia toc bing a (m/s”) (a 12 hiing s8). Sau khi B xua't
phét dugc 15 gidy thi dudi kip A. Van téc clia B tai thdi di€ém dudi kip A bing

A. 15 (m/s) B. 9 (m/s) C. 42 (m/s) D. 25 (m/s)
Cdu 5.34 : (CAU 27 THPT QG 2018) Mdt chat di€ém A xuit phat tir O, chuyé&n dong thing v6i van toc bi€n

thién theo thdi gian bdi quy luat v(t) = %tz + %t (m/s), trong d6 t (gidy) la khodng thdi gian tinh tir lic
A bit diu chuyén dong. TU trang th4i nghi, mot chat di€m B ciing xud't phdt tir O, chuyén dong thing ciing
huéng véi A nhung chdm hon 3 gidly so véi A va c6 gia toc bing a (m/s®) (a 12 hiing s8). Sau khi B xudt
phat dugc 15 gidy thi dudi kip A. Van toc ctia B tai thdi di€m dudi kip A bing

A. 25 (m/s) B. 36 (m/s) C. 30 (m/s) D. 21 (m/s)

PDAP AN DANG 5 TiCH PHAN

Cau 1 2 3 4 5 6 7 8 9 10
Pdp dn A A D A C C A C D B
Cau 11 12 13 14 15 16 17 18 19 20
bdp an C C A B C D C B A B
Cau 21 22 23 24 25 26 27 28 29 30
bép dn C C B B A C B C D C
Cau 31 32 33 34
Dédp dn B B D C
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* DANG 6 : TiNH GIA TRl CO CHUA THAM SO

5
Cau 6.1 : (SGK) Gié st | X _lnc . Gid tri cia ¢ 1a
l2x—1
A9 B.3 C. 81 D.8
+ dx
Cdu 6.2 : Cho J.—=Ina.T“1ma
X
2
A2 B. 2 C.5 D. 2
2 5
Céu 6.3 : Cho J.(2x+6)dx=7. Tim m
0
A.m=1hodicm=7 B. m=1hodicm=-7 C.m=-1hodicm=7 D.m=-1hodcm=-7
1
Ciu 6.4 : NEu f’(x) = x va f(l):% thi [f(x)dx bing :
0
AL B. 1 c.3 D L
6 6 2 2

5 2

Cdu 6.5 : Cho tich phan J. f (x)dx =15. Gi4 tri biu thitc P = I[f (5—-3x) + 7]dx bing bao nhiéu ?
-1 0

A. 16 B. 17 C. 18 D. 19

9 3
Céu 6.6 : Bi&t ring f(x) 1a ham lién tuc rén R va T = j f(x)dx=9. Tinh D = j [f(3x)+T]dx.
0 0

A. D =30 B. D=3 C.D=12 D. D=27
a3
Cau67: Tinh | X
> x*+a
A~ B. ~ c. ~ D.
4a 8a 9a 12a
Cdu 6.8 : Tinh1= | sinxdx__ o)
< \J1—2acos X +a>
A 2 B. 2 C. 2a p. 2
a 2

1
. 7 .
Ciu 6.9 : Biét | = I(X+ 2)In(x+1dx =aln 2—6, v6ia, b, ¢ 12 cdc s6 nguyén duong. Tinh S = a + b’
0

A.S=8 B.S=20 C.S=16 D.S=12
In6
Cédu 6.10 : Biét I:J. - SX_X =3Ina-Inb, v6ia, b, c 1a cdc s& nguyén duong. Tinh S = ab.
|n3e +Ze " —
A.S=15 B.S=10 C.S=20 D.S=-10
In6 X
Céu 6.11 : Biét | = je—dx:a+bln2+cln3, vGia, b, cla cdc s6 nguyén. TinhS=a +b +c.
o 1+ +3
A.S=-1 B.S=0 C.S=2 D.S=1
o f(x=1)? . .
Cédu 6.12 : Biét I:J. ] dx=alnb+c, véia, b, cla cac s6 nguyén. TinhS=a +b +c.
. X+

A.S=2 B.S=1 C.S=3 D.S=0
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3
Cdu 6.13 : Biét I:J.\/1+i2+ﬁdx:a+bln2+cln3,véi a, b, c1a cdc s6 nguyén.
’ x> (x-—
Tinh S = a + b” + 3¢’
A.S=6 B.S=5 C.S=8 D.S=9
. ox% a ’ ’ a ’
Cdu 6.14 : Biét I:J‘WdX:—e+C, vdi a, ¢ 1a cdc sO nguyén, b 1a s6 nguyén duong va ™y l1a phéan so
o (X+
t0i gidn. TinhS=a—-b +c.
A.S=-3 B.S=3 C.S=0 D.S=2
4
Cdu 6.15 : (CAU 26 PMH 2017)Bié’tj de =aln2+bln3+cIn5, véia, b, c 1a cdc sd nguyén.
L X7 +x
TinhS=a+b+c.
A.S=6 B.S=2 C.S=-2 D.S=0

1

- 1 1 .

Cau 6.16 : (CAU 18 THPT QG 2017) Cho I( 1 — 2jdx =aln2+bln3, véia,bla cic s6 nguyén. Ménh
J\x+1 x+

dé nao duéi day ding?
Ala+b=2 B.a-2b=0 C.a+b=-2 D.a+2b=0

2
Céu 6.17 : (CAU 32 DMH 2018) Bié’tj dx

1(x+1)\/;+xm

=a—+b—c v6i a, b, ¢ 1a cdc s6 nguyén duong.

TinhP=a+b+c.
A.P=24 B.P=12 C.P=18 D.P=46

/2
Cau 6.18 : Cho tich phan |= | COSSX+2C0SX_ 4 _ aln2+bIn3+c(abce).
5 2+3sin X —Cos2X

Tinh gi4 tri cda bi€u thtfc A=a +b +c.

A -3 B. -2 C.2 D. 1
2

Ciu 6.19 : Biét jln(x +1)dx =a.ln3+h.In2+c (a,b,c € Z). Khi d6 S = abc Ia :
1

A.6 B. 4 C.8 D. 10

Ciu 6.20 : Biét |(2x +1)*dx =a+be (a,b e Z). Khid6 S=a’b*1a :

O L

Al B.-1 C.-15 D. 20

nl4

Céu 6.21 : Cho tich phan |= J.Sin" xdx =am+b (a,b € Q). Tinh gi4 tri cia bi€u thitc A =a +b.
0

A.=5/32 = C. 4 D. 7
32
"® cos2x
Céu 6.22 : Cho tich phan |= j ———7__dx=a+by/3(a,beQ). Tinh gid tri ciia bi€u thiic A = a +b.
74C0S” Xsin® x
A -2 B. —2 c. 2 D. 3
3
© 8x+5
Cau 6.23 : Tich phan [—————dx=aln2+bIn3+cln5. (vdia,b,c eR). Tinh P=a’+b’ + 3c.
1 6XT+7X+2
A1 B. 2 C.3 D. 4
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Cau 6.24 : Bi€t ring Iﬁ:aln3—bln2—cln4. (vGia, b, c eR).TinhP=2a+b2+cz.
X +5X+

A 2 B. 4 C. 6 D. 8

A1+ 3cos x

e C0S 2X b
Cdu 6.25 : Cho tich phan | = J. sin X(Sin X +—jdx =an— (a b,ceQ) le 12 phin s6 t6i gidn.
0

Tinh gi4 tri cda bi€u thtc A=a +b +c.
A. 1535 B. 523,25 C. 320,75 D. 223,25

/2

Cau 6.26 : Cho tich phan 1= [(2x—1-sinx)dx =an® +br+c(a,b,ceQ).
0

Tinh gi4 tri cda bi€uthtc A=a +b +c.

A. -1,5 B. 1,5 C. -1,25 D. 1,25
nl4
Cau6.27: Bidt | — X _dy-an+>Inb (0<a<1,1<b<3).KhidsS=a+bl:
5 SINX+CoSX 4
N B, 1 e B p 1
8 8 8 8
1
7 — .
Cdu 6.28 : Cho tich phan sau I=I 2x+1 x=§—91n— Tinh S=cos (aj M. Biéta, b
o 1+3x+1 27 a b b
t01 gidn.
A. cos*(5) + cos(5) + 1999 B. 1999
C.2016 D. cos*(3) + cos(3) + 2016
YVxP +3x2 -4
Cdu 6.29 : Tinh tich phdn I= I 5 dx =a+Inb. Chon phit biéu ding.
X_
5
A.a<b B.a=b C.b<21 D. a, b déu nguyén
e 2
Céu 6.30 : Cho tich phan 1= [xInxdx="—" ® Tinh S =ab.
a
1
A. 12 B.4 C.6 D.8
7
Céu 6.31 : Cho tich phan J-x?\/x +1dx :% . Gi4 tri clia a 1a : (bi€t a, b tOi gidn)
0
A. 64 B. 356 C. 346 D. 1029
n/4
Cdu 6.32 : Tinh tich phan | = Itanz xdx =a+bn (a,b e Q). TinhP=a +b.
A P=> B.P=> c.p=1 p.p=1t
4 4 4 4
o d cos(logb}jt 11
X
Cau 6.33 : Cho tich phdn [—————=Ina—Inb. Tinh S=cos’(a+b)- .
e'[xlnX\/lnex (a+b) 2
A.-10 B.-5 C.-20 D. -40
t2x° —3x% +x b

———dx=—+1.Tinh S=log2,,(a)+log’,,,(b) ? Bi€t a, b t5i gian.
Vx? —x+1 a
B. c. L D.
27 81 36

Céu 6.34 : Cho tich phan 1= j
0

O | —
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3 2 3 2
Cin 6.35 : Cho D:I x+1 (Bx+1R/(3x +1)° +b3/(3x +1)

dx = +C.Tima +b.
V3x +1 a
A. 20 B.75 C.55 D. 45
1
Cdu 6.36 : (CAU 27 DMH 2017) Choj - 1=a+bln1+e,v6i a,bla cdc s0 hitu ti. Tinh S = a° + b°.
0 €+
A.S=2 B.S=-2 C.S=0 D.S=1
55
Cdu 6.37 : (CAU 26 THPT QG 2018) Cho Id—xzam2+bm5+cm11 vGi a, b, ¢ 12 cdc sO hitu ti.
e XVX+9
Ménh dé nao dudi day ding?
A.a-b=— B.a+b=c C.a+b=3c D.a-b=-3c
21
Cdu 6.38 : (CAU 27 THPT QG 2018) Cho Id—x=aln3+b1n5+cln7 v6i a, b, ¢ 1a cdc s6 hitu ti. Ménh
s XWX +4

dé nao dudi diy ding?
A.a+b=-2c B.a+b=c C.a—-b=—— D.a-b=-2¢

€

Cdu 6.39 : (CAU 26 THPT QG 2018) Cho I(l +xIn x)dx =ae’ +be +c véia, b, ¢ 1 cdc s6 hitu ti. Ménh dé

1
nao dudi day ding?
A.a+b=c B.a+b=-— C.a-b=c D.a-b=-—

€

Céu 6.40 : (CAU 32 THPT QG 2018) Cho j (2+xInx)dx =ae’ + be +c véia, b, ¢ 1a cdc s6 hitu ti. Ménh dé
1

nao dudi day ding?

Ala+b=-c B.a+b=c C.a-b=c D.a-b=—
1

Cau 6.41 : (CAU 38 DMH 2019) Cho | X a+bIn2+cin3 véia, b, ¢ 1a cdc s6 hitu t.
0(X+2)

Gid tri cia 3a + b + ¢ bing

A.-2 B. -1 C.2 D. 1

PDAP AN DANG 6 TiCH PHAN

Cau 1 2 3 4 5 6 7 8 9 10
Pép dn B D B A D A D B B B
Cau 11 12 13 14 15 16 17 18 19 20
Ddp dn B A C A B D D D A A
Cau 21 22 23 24 25 26 27 28 29 30
bip dn A C B C B C A B C B
Cau 31 32 33 34 35 36 37 38 39 40
Ddp an D B B D A C A A C C
Céu 41
Pdp éan B

= DANG 7 : TiCH PHAN HAM AN
5 2
Cau7.1: Cho [f(x)dx =10.Kétqua [[2-4f(x)kix
5

2

A. 34 B. 36 C.40 D. 32
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9

Cdu 7.2 : Cho ham s8 f(x) lién tuc trén R va F(x) 1a nguyén ham cia f(x), biét j f(x)dx =9 va F(0)=3.
0

Tinh F(9).

A. F(9)=-6 B. F(9)=6 C. F(9)=12 D. F(9)=-12
4 4 4

Cau 7.3 : Cho jf(x)dx =10 va J.g(x)dx =5.Tinh I= J[3f(x)—5g(x)]dx .
2 2 2

A1=5 B.I=15 C.I1=-5 D.1=10

2 5 5
Ciu 7.4 : Néu [f(x)dx =3, [f(x)dx =—1 thi [f(x)dx bing
1 2 1
A -2 B.2 C.3 D. 4

6
Cau 7.5 : Cho ham s§ f(x) lién tyc trén doan [0; 10] va j f(x)dx =7 va j f(x)dx =3. Tinh
2

= .fo(x)dx + 1Jgf(x)dx .

A.P=7 B.P=-4 C.P=4 D.P=10

Cau 7.6 : Cho j (x)dx 2 va j.g(x)dx——l Tinh I= j-[x+2f( )+3g( )]dx bang

-1 -1

A.I:E B.I:z C.Izl—7 D.I:é
2 2 2 2
Cdu 7.7 : Cho ham s6 f(x) c¢6 f ’(x) lién tuc trén doan [-1; 3], f(-1) = 3 va _[f' x)dx =10 gia tri cia f(3)
-1
bing
A.-13 B. -7 C.13 D.7

2
Céu 7.8 : Cho y = f(x), y = g(x) 1a cdc ham s& c6 dao ham lién tuc trén [0; 2] v _[g f' x)dx 2,
0

jg x)dx 3. Tinh tich phan I = j[f(x) g(x)]'dx.

A l=-1 B.I1=6 C.1=5 D.I=1
5 -2 5

Cédu 7.9 : Cho hai tich phan If(x)dx=8 va Ig(x)dx 3.Tinh I = I[( )—4g(x)-1)dx .
-2 5 -2

A I=-11 B.1=13 C.1=27

3
f(x)dx = 6. Tinh gi tri

Sl I

Cdu 7.10 : Cho ham s f(x) lién tuc trén doan [0; 6] thda man j f(x)dx =10

2 6
ciia bi€u thic P = [ f(x)dx + [ f(x)dx.
0 4
A.P=4 B.P=16 C.P=38 D.P=10

1
Cdu 7.11 : Cho ham s¢ f(x)= ln‘x+\/x2 +1‘ . Tinh tich phan 1= jf‘ (x)dx .
0

AT=In\2 B. I=In(1++2) C.1=1n2 D.1=2In2
In3

Cdu 7.12 : Cho ham s f(x) c6 dao ham lién tuc trén doan [1; In3] va théa man f(1) = e?, J.f' (x)dx =9—¢”.
1

Tinh I = f(In3).
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A 1=9-2¢ B.1=9 C.1=-9 D.I=2¢*-9
Céu 7.13 : Cho hai ham s6 y = f(x) va y = g(x) ¢6 dao ham lién tuc trén doan [0; 1] va thda min

j f'(x).g(x)dx =1, jf(x).g' (x)dx =—1. Tinh I = j [£(x).g(x)]'"dx .

Al=-2 B.1=0 C.1=3 D.1=2
Cdu 7.14 : Cho ham s6 f(x) lién tuc trén (0; +o0) va thda j f(t)dt = x. cos mx . Tinh f(4).
0

2 3 1
A. f(4)=123 B.f(4)== C. f(4)== D. f(4)=—

3 4 4

f(x)
Cédu 7.15 : Cho ham s6 f(x) thda man Itz .dt = x.cos nx . Tinh f(4).
0

A. f(4)=243 B. f(4)=-1 C. f(4):% D. f(4)=312

Céu 7.16 : Cho ham s& G(x)= jt.cos(x —t)dt. Tinh G' (gj
0

A. G@:_l B. G-@:l . G@:o D. Gv@:z

X2

Cau 7.17 : Cho ham s& G(x)= [costdt (x> 0). Tinh G’(x).
0

A. G’ (x) = x%.cosx B. G’(x) = 2x.cosx C. G’(x) = cosx D. G’ (x) =cosx — 1
Céu 7.18 : Tinh dao ham cia f(x), biét f(x) thda It.ef(‘)dt =ef),
0

A.f(x)=x B.f'(x)=x*+1 C. f’(x):% D.f(x) = i
Céu 7.19 : Cho ham s6 f(x) lién tuc trén khodng (-2; 3). Goi F(x) 12 mdt nguyén ham cia f(x) trén khodng
(-2; 3). Tinh 1= j[f(x)+ 2x}dx , bi€t F(—1) = 1 va F(2) = 4.
A 1=6 i B.1=10 C.1=3 D.1=9
Céu 7.20 : Cho ff(x)dx =2 va j g(x)dx =—1. Tinh 1= j[x +2f(x)-3g(x)dx .
5

-1 -1

A 1= B.1=~ c.1=2 D.1=2
2 2 2 2
2 2 2
Cau 7.21 : Cho [[3f(x)+2g(x)ldx =1, [[2f(x)—g(x)kix = -3. Khi d6, [ f(x)dx bing
1 1 1
Al B. -2 c.? p. 10
7 7 7 7

Cédu 7.22 : Cho f(x), g(x) 1a hai ham s& lién tuc trén doan [—1; 1] va f(x) 12 ham s& chdn, g(x) 1a ham s6 18.
1 1
Bi€t If(x)dx =35; jg(x)dx =7.Ménh dé€ ndo sau day la sai?
0 0
1 1

A [r(xhx =10 B [[i(x)+ e )kx =10 C. [[f(x)-g(x)kix=10 D. [a(xkix =14

-1 -1
10 10

8
Cau7.23 : Néu [f(z)dz=17 va [f(t)de=12 thi [-3f(x)dx bing
0 0

8
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A.-15 B. 29 C. 15 D.5

3
Céu 7.24 : Cho ham s0 y = f(x) lién tuc, ludn duong trén [0; 3] va thda min I:jf(x)dx =4 . Khi dé6 gid tri

0

3
cita tich phan K = [ (") + 4)ix 1a:
0

A. 4+ 12¢ B. 12 + 4e C.3e+ 14 D. 14 + 3e
A N ~ 2, N A 2 f(o) = f‘ (0) = 1
Cdu 7.25 : Cho ham s6 y = f(x) ¢c6 dao ham trén R thoa .
f(x+y)=f(x)+f(y)+3xy(x+y)—1, Vx,y e R
1
Tinh [ f(x—1)dx.
0

A. B. —— C.

p. L
4 4

N | —
N

1
Cdu 7.26 : Cho ham s& f(x) 12 ham bic nhit thda min _[(x+1)f' (x)dx =10 va 2f(1) — f(0) = 2. Tinh
0

1

1= jf(x)dx.
0
Al=1 B.I=8 C.1=-12 D.I=-8
;5 , f(1) = a, f(-2) = b. Tinh f(-1)+ f(2).

x> +x

Af(-1)+fQ2)=-a—b B.f(-1)+f2)=a-b C.f(-1)+fQ2)=a+b  D.fD)+f2)=b-a
Céu 7.28 : Cho ham s& y = f(x) xdc dinh va lién tuc trén R théa min dong thdi cdc diéu kién f(x) > 0,

Vx e R; f’'(x) = —ex.fz(x), Vx € Rva f(0) = % . Tinh gid tri cua f(In2).

Cdu 7.27 : Cho ham sd f(x) x4dc dinh trén R\{0}, théa f *(x) =

A. f(In2) = 2 B. f(In2) = _2 C. f(In2) = 2 D. f(In2) = 1

9 9 3 3
Céu 7.29 : Cho ham s6 y = f(x) ¢6 dd thi (C), x4c dinh va lién tuc trén R thda man dong thdi cdc diéu kién
f(x) > 0 Vx € R, f(x) = (x.f(x))?, Vx € R va f(0) = 2. Phuong trinh ti€p tuyén tai di€m c6 hoanh do x = 1
cda d6 thi (C) 1a
A.y=6x+30 B.y=-6x+30 C.y=36x-30 D.y=-36x+42
Cédu 7.30 : Cho ham s6 y = f(x) > 0 xdc dinh, c6 dao ham trén doan [0; 1] vd thda main:

g(x)=1+ 2018] f(t)dt , g(x) = f *(x). Tinh j Je(x)dx

A 1011 B. 1009 C. 2019
2 2 2

Céu 7.31 : Cho f(x) xdc dinh, c6 dao ham lién tuc va dong bién trén [1; 4] thda man x + 2xf(x) = [f’(x)]z,

Vx e [1;4], (1) = % Gia tri f(4) bing:

D. 505

) g, 361 c 381 b, 371
18 18 18 18
Cdu 7.32 : Cho ham s6 y = f(x) ¢6 f ’(x) lién tuc trén nta khodng [0; +o0) thda min

3f(x)+f'(x) =+1+3.e > . Khi dé:

11 11
A. e’f(1)-f(0)= -= B. e*f(1)=f(0)= ——— — =
0= o5 OO e
2 2
C. e3f(1)—f(0)=(e t3Ne +3-8 D. *f(1)—(0)=(e* +3Ne> +3-8

3
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Cdu 7.33 : (CAU 32 THPT QG 2019) Cho ham s f(x). Bi€t f(0) = 4 va f ’(x) = 2cos’x + 1, Vx e R, khi d6

n/4

j f(x)dx bing
0

2 2 2 2
A - +4 B. - +14n C. - +16m+4 D. n°+16w+16
16 16 16 16
Cdu 7.34 : (CAU 38 DMH 2020 — LAN 1) Cho ham s6 f(x) ¢6 £(3) = 3 va f ’(x) = ——~ x> 0. Khi
X+1—-+x+1
8
do J.f(x)dx bing
3
A.7 B. 19—7 C. Q D. &
6 2 6

Cdu 7.35 : (CAU 48 DMH 2020 — LAN 1) Cho ham s& f(x) lién tuc trén R va thda man xf(x®) + f(1 — x%) =

0
—x'" +x°— 2x, ¥x € R. Khi d6 J.f(x)dx bing
|

A. _17 B. B C. 7 D. -1
20 4 4

Céu 7.36 : (CAU 45 PMH 2020 — LAN 2) Cho ham s6 f(x) ¢6 f(0) =0 va f *(x) = cosxcos?2x, Vx e R. Khi d6
jf(x)dx bing
0

o 1022 . 208 ¢ 22 b, 149

225 225 225 225
Cau 46. (CAU 46 THPT QG 2021 — DOT 1) Cho ham s6 f(x) = x° + ax” + bx + ¢ v6i a, b, ¢ 12 cdc sO thuc. Biét
ham s g(x) = f(x) + f ’(x) + £”(x) ¢6 hai gid tri cuc tri 1a =3 va 6. Dién tich hinh phﬁng gidi han bdi cdc

f(x)

g(x)+6
A. 2In3 B. 1n3 C.Inl18 D. 2In2
Cau 46. (CAU 46 THPT QG 2021 - BOT 2) Cho hai ham s6 f(x)=ax’+bx’+cx’+2x va

dudng y = vd y =1 bing

g(x)=mx’+nx*—x; véia, b, c, m, n € R. Bi€t ham s6 y = f(x) — g(x) ¢6 3 di€m cyc tri 1a -1, 2, 3. Dién
tich hinh phéng gi6i han bdi hai dudng y=f'(x) va y=g'(x) bing
71 32 16 71

A — B. — C. — D. —
6 3 3 12

PDAP AN DANG 7 TiCH PHAN

Cau 1 2 3 4 5 6 7 8 9 10

Pép 4n A C A B C D C C B A
Cau 11 12 13 14 15 16 17 18 19 20

Pép 4n B B B D D B B D A C
Cau 21 22 23 24 25 26 27 28 29 30

Pép 4n B D A B C D C D C A
Cau 3] 32 33 34 35 36

Pép 4n A C C B B C
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