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MOÄT SOÁ BAØI TOAÙN VEÀ NHAÄN DAÏNG TAM GIAÙC 

GVBM : ÑOAØN NGOÏC DUÕNG 

 

BAØI 1 :  

1) Chöùng minh raèng neáu 
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  thì tam giaùc ABC vuoâng taïi A. 
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Do ñoù : 
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Vì A laø goùc cuûa tam giaùc töùc  A0  neân : 
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   ABC vuoâng taïi A 

 

2) Chöùng minh raèng neáu Acos2
Csin

Bsin
  thì tam giaùc ABC laø tam giaùc caân. 

 Höôùng daãn :  

Ta coù : Csin.Acos2BsinAcos2

Csin

Bsin
   1  

Maø       CAsinCAsinBsinCABCBA   

Do ñoù töø  1  ta coù :   Csin.Acos2Acos.CsinCcos.AsinCsin.Acos2CAsin   

  0CAsin0Csin.AcosCcos.AsinCsin.AcosCcos.Asin   

Vì A, V laø caùc goùc cuûa moät tam giaùc neân :   CA0CA0CAsin   

Vaäy ABC caân taïi B. 

 

3) Chöùng minh raèng neáu 

Csin

Bsin

Ctan

Btan
2

2

  thì tam giaùc ABC vuoâng hay caân. 

 Höôùng daãn :  

Ta coù : 

Ccos

Bsin.Csin

Bcos

Csin.Bsin
Bsin.CtanCsin.Btan
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22
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   0Csin,0Bsinvì   

B2sinC2sinBcos.Bsin2Ccos.Csin2Bcos.BsinCcos.Csin    1  

Do  2B20  vaø  2C20  neân töø  1  ta suy ra : 
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BAØI 2 : Ñònh daïng caùc tam giaùc, bieát caùc goùc A, B, C thoûa maõn ñieàu kieän sau: 

1) CcosBcosAsin   

2) Ccos.Bsin2Asin   

3) 

CsinBsin

CcosBcos
Asin




  

4) 

CsinAcos

CcosBcos

Bsin

Asin




  

5) Bsin.Asin4B2sinA2sin   

6) 
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C
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B
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 Höôùng daãn :  

Ta coù:  
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1) CcosBcosAsin   

Ta coù: CcosBcosAsin   
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 Neáu B > C thì 

2

CABCBA


 . 

 Neáu C > B thì 

2

BACBCA


 . 

Vaäy tam giaùc vuoâng taïi B hoaëc C. 

2) Ccos.Bsin2Asin   

 sinA = sin(B + C) + sin(B – c)  

 sinA = sin(  A) + sin(B – C)  

 sin(B – C) = 0 

 B – C = 0  B = C   CB0do  

Vaäy tam giaùc caân taïi A. 

3) 
CsinBsin

CcosBcos
Asin
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Vaäy tam giaùc vuoâng taïi A. 

4) 
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Vaäy tam giaùc caân hoaëc vuoâng taïi C. 

5) Bsin.Asin4B2sinA2sin   

 2sin(A + B)cos(A – B) = 2[cos(A – B) – cos(A + B)] 

 sinC.cos(A – B) = cos(A – B) + cosC  

 (1 – sinC)cos(A – B) + cosC = 0 

 (1 – sin
2
C)cos(A – B) + (1 + sinC)cosC = 0  

 cos
2
C.cos(A – B) + (1 + sinC)cosC = 0 

 cosC[cosC.cos(A – B) + 1 + sinC] = 0  

 cosC = 0 

Do cosC.cos(A – B) + 1 + sinC = cos(A + B).cos(A – B) + 1 + sinC  

     =   Csin1B2cosA2cos

2

1
  

         o

90C0CsinB2cos1

2

1
A2cos1

2

1
  

Vaäy tam giaùc vuoâng taïi C. 
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6) 
2

C
sin

2

B
sin
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A
sinCcosBcosAcos   

f) Ta coù : 
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C
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cos0do1
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C
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Töông töï : 

 2

2

A
sin2CcosBcos   

 3

2

B
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Coäng (1), (2) vaø (3) veá theo veá, ta ñöôïc : 
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Ñaúng thöùc xaûy ra khi : CBA1
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Vaäy tam giaùc ABC laø tam giaùc ñeàu. 

BAØI 3 : Chöùng minh raèng neáu : 

8

1
CcosBcosAcos   thì tam giaùc ABC ñeàu. 

 Höôùng daãn : 

Ta coù : 

8
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CcosBcosAcos   
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 4cos
2
A – 4cosA.cos(B – C) + cos

2
(B – C) = 0  

 [2cosA – cos(B – C)]
2
 + sin

2
(B – C) = 0 
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60A
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  ABC ñeàu 

BAØI 4 : Cho tam giaùc ABC thoûa maõn heä thöùc : cosA + cosB + cosC + cos2A + cos2B + cos2C = 0 (1) 

Chöùng minh tam giaùc ABC ñeàu. 

 Höôùng daãn : 

Ta coù : 

2

C
sin

2

B
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2

A
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Vaäy (1)  0CcosBcosAcos
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C
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B
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2

A
sin    ABC nhoïn 

Ta laïi coù : 

       1BAcos

2

1
BAcosBAcos

2

1
BcosAcos   (vì 0 < cos(A – B)  1) 

 
2

C
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2

1
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2  (vì cosC = cos(A + B)) 

Töông töï : 

2

A
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A
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C
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B
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A
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Daáu “=” xaûy ra  A = B = C  ABC ñeàu. 


